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Abstract

Prognostic modeling from medical data holds the promise of informing per-
sonalized care and improving clinical decision-making. This thesis explores
two applications of survival analysis and deep learning to estimate long-
term patient risk and treatment benefit in high-impact cardiopulmonary
settings. In the first study, we develop a deep multimodal time-to-event
prediction framework that estimates patient-specific mortality risk using
chest radiographs and demographic features. Unlike traditional binary
classifiers, our approach, leveraging models such as Cox proportional haz-
ards and deep survival machines, accounts for right-censoring and allows
for risk estimation at arbitrary time horizons, offering greater flexibility
and clinical utility. In the second study, we apply individualized treatment
effect estimation to determine which patients with stable ischemic heart
disease are most likely to benefit from coronary artery bypass grafting
(CABG). Using a recently proposed machine learning algorithm, Cox
Mixtures with Heterogeneous Effects (CMHE), we stratify patients based
on their predicted survival gain from CABG versus optimal medical ther-
apy alone and validate these predictions on an external surgical cohort.
Together, these works demonstrate the potential of survival-based machine
learning models to enhance personalized risk prediction and treatment
optimization in real-world clinical scenarios.
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Chapter 1

Introduction

1.1 Motivation

Accurate prognostication and personalized treatment planning are critical goals in

modern medicine. As healthcare increasingly adopts data-driven approaches, there is

growing interest in using machine learning (ML) to support clinical decision-making,

particularly in high-stakes domains such as cardiopulmonary health. Despite recent

advances, existing predictive models often fall short in two important respects: they

are typically limited to binary outcomes at fixed time points, and they rarely account

for individualized treatment effects. These limitations hinder the ability to provide

flexible, nuanced, and personalized guidance to clinicians and patients.

This thesis is motivated by two representative challenges in clinical prediction

and decision-making. First, in risk prediction from medical imaging, deep learning

models have shown impressive performance but are often trained to predict static

binary labels, such as mortality within a certain number of years, without properly

handling censoring (individuals being lost to follow-up) or time-varying covariates

(measurements or observations changing over time). This rigid formulation fails

to reflect the continuous nature of disease progression and patient trajectories in

real-world settings. Furthermore, predictions from such models may not be reliable

across different populations or time horizons, limiting their clinical utility. Second, in

treatment decision-making, conventional risk scores such as the Society of Thoracic

Surgeons (STS) scores are valuable but provide average population-level risk estimates.
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1. Introduction

They do not estimate the causal effect of a treatment for a particular patient. As a

result, patients who could benefit substantially from a procedure such as coronary

artery bypass grafting (CABG) may be overlooked due to the high perceived operative

risk, even when long-term survival benefit is plausible.

To overcome these limitations, survival analysis provides a powerful framework

by modeling time as a continuous random variable and explicitly accounting for

censoring, which is common in real-world clinical data. Unlike traditional binary

classifiers that predict whether an event will occur by a fixed time point, survival

models estimate the probability of an event occurring over time, offering a more

flexible and informative perspective on patient risk. One of the most well-known

survival models is the Cox Proportional Hazards (CPH) model [12], which estimates

the hazard, or instantaneous event rate, for individuals based on their covariates.

However, the CPH model assumes that the hazard ratios between individuals are

constant over time, an assumption that may not hold in many clinical scenarios.

To address this, a wide variety of alternative survival models have been proposed

that do not rely on the proportional hazards assumption. Classical approaches such

as the conditional Kaplan–Meier estimator [7] and Random Survival Forests [28]

offer nonparametric, flexible alternatives for survival prediction. More recently, deep

learning-based methods have emerged to model complex, nonlinear relationships

in time-to-event data. These include the Neural Multi-Task Logistic Regression

(N-MTLR) model [16], Nnet-survival [18], Cox-Time [33], and Deep Survival Ma-

chines [40]. Collectively, these models enable more personalized, dynamic, and

clinically relevant predictions, making survival analysis a compelling alternative to

fixed-horizon classifiers, particularly in high-stakes applications like risk stratification

and treatment planning in cardiopulmonary care.

This thesis is motivated by the need to develop survival-based machine learning

methods that model time-to-event outcomes, incorporate censoring, and provide

personalized predictions for both prognosis and treatment response. Using rich

multimodal data, such as chest radiographs and structured clinical variables, these

models aim to enable more flexible, individualized, and actionable decision support

tools that align with the principles of precision medicine.
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1. Introduction

1.2 Thesis Organization

The remainder of this thesis is structured as follows.

1. Chapter 2 introduces deep survival models for chest radiographs, detailing the

methodology, key challenges, contributions, and experimental validation [35].

2. Chapter 3 presents deep survival models for identifying phenogroups, detailing

key findings.

3. Chapter 4 concludes with a summary of contributions and future research

opportunities.
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Chapter 2

Deep Survival Models Can Improve

Long-Term Mortality Risk

Estimates from Chest Radiographs

2.1 Introduction

Chest radiography is a common diagnostic tool for lung disorders and offers prognostic

value in terms of overall patient health and well-being. The ability to prognosticate

patient susceptibility to an adverse outcome such as death or serious complications

using such inexpensive medical testing is therefore of immense interest. Indeed,

recent advances in deep learning [21] have demonstrated that, e.g., convolutional

neural network (CNN) approaches perform well in diagnosing conditions from chest

radiograms, in some cases even outperforming trained radiologists [6, 51, 52, 53, 58, 60].

The ability to consolidate the likelihood of adverse outcomes into a single scalar risk

estimate is an exciting prospect as such a score could be utilized to stratify patients

based on their risk levels and to prioritize subsequent treatment and interventions,

helping improve overall longevity. However, deep learning models are commonly

trained to predict multiple adverse diagnoses [5], and consolidating those individual

diagnoses into a singular risk score or estimate can be a challenging task.

In studies that involve risk estimation from medical imaging data [10, 32, 36, 38,
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48, 50], the time-to-event outcome is binarized as an indicator of whether a patient

survived beyond a certain point in time (such as a 5-year risk), and imaging data

from individuals who were lost to follow-up (censored) are discarded when training

the model. However, long-term patient risk levels might vary over time depending on

patient physiology, medical history, and demographics. This can happen as a result

of time-varying covariates, where some measurements or observations change over

time. For example, in studying cancer risk, smoking status can be a time-varying

covariate [61]. As a result, modeling patients’ risk at a fixed time in the future might

be insufficient to obtain an overall sense of their prognosed health and well-being.

Furthermore, in real-world observational studies, patients cannot be followed up

indefinitely due to resource constraints and study design. A large number of patients

thus might be lost to follow-up before an event of interest is observed in them, and

typical binary classifiers ignore these observations. Moreover, a binary classifier is

only able to make predictions at the fixed time horizon that is chosen to be the

threshold for the binary targets, which makes it less flexible in that if a user wants

the patient risk at a different time, the model needs to be trained again on the new

binary target.

Deep survival analysis and time-to-event prediction aim to address those limitations

by modeling time as a continuous random variable and incorporating censoring in

the estimation of patient risk. Survival analysis is a class of statistical methods for

estimating the time until an event occurs. As opposed to binary classification, the

time-to-event outcome for a particular individual is considered to be a continuous

random variable. In this study, we were interested in estimating the risk of a patient

experiencing mortality within a time horizon, given a chest radiograph and a set

of demographic covariates. We assumed that an observation can be right-censored,

which means that the observation of a subject can be terminated before death occurs.

Cox proportional hazards (CPH) [12] is arguably one of the most popular ap-

proaches for analyzing time-to-event survival data. The CPH model makes a propor-

tional hazards assumption, stating that the ratio between the hazard rates of two

individuals is constant over all time horizons (please refer to Appendix A.2 for a more

detailed description). In real-world application scenarios, however, the proportional

hazards assumption may be overly restrictive or not hold at all. In response, a

wide range of alternative survival models have been developed over the past decades

6
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that do not rely on this assumption. Classical approaches, such as the conditional

Kaplan-Meier estimator [7] and Random Survival Forests [28], offer nonparametric

or ensemble-based alternatives. More recent deep learning models that can capture

nonlinear elements from the data, such as the Neural Multi-Task Logistic Regression

(N-MTLR) model [16], Nnet-survival [18], and Cox-Time [33], have further relaxed

the proportional hazards constraint by allowing for time-varying effects or modeling

time explicitly in the relative risk function. It is possible to cast survival analysis

problems as classification problems through survival stacking [13]. We adopt the

Deep Survival Machines (DSM) [40], which models the survival distribution as a

mixture of learnable components (see Appendix A.3 for details).

In this paper, we examine a multimodal application of time-to-event data to

predict long-term patient risk from chest radiographs and patient demographic data.

In particular, we use models such as CPH and DSM as replacements for binary

models. We aim to demonstrate that the proposed approach is able to generate

predictions at any time horizon while achieving superior discriminative performance

and calibration. The source code is available at https://github.com/autonlab/

Deep_Chest_Survival.

2.2 Materials and Methods

The dataset used in this study is from the randomized controlled Prostate, Lung,

Colorectal, and Ovarian (PLCO) cancer screening trial [2]. The goal of the trial was

to investigate whether screening has an effect on cancer-related mortality.

At 10 screening centers nationwide, 154,934 participants were enrolled between

November 1993 and September 2001. One coordinating center performed data

management and trial coordination. Each arm involved 37,000 females and 37,000

males aged 55–74 at entry.

In the control arm, participants received their usual medical care. In the in-

tervention arm, women received chest X-rays, flexible sigmoidoscopy, CA125, and

transvaginal ultrasound (TVU), and men received chest X-rays, flexible sigmoidoscopy,

serum prostate-specific antigen (PSA), and digital rectal exams (DREs). PSA and

CA125 were performed at entry, then annually for 5 years. DRE, TVU, and chest

X-ray exams were performed at entry, then annually for 3 years. Only two annual

7
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repeat X-ray exams were performed for non-smokers. Sigmoidoscopy was performed

at entry, then at the 5-year point.

A radiologist interpreted each posteroanterior chest X-ray and radiologists’ im-

pressions were included in the dataset. Participants were followed for at least 13

years. Deaths during the trial were confirmed by mailed annual study update (ASU)

and linkage to the National Death Index (NDI). Causes of death during the trial were

also determined.

Data were collected on forms designed for an NCS OpScan 5 optical-mark reader,

and then automatically loaded into a database. Information collected at screening

centers went through a hub through modems using common carrier lines. Additional

details about the PLCO dataset can be found in [23, 25, 49].

The dataset includes radiologists’ impressions that indicate whether abnormalities

exist. The survival curves based on the time-to-death data of each patient are

shown in Figure 2.1. For demonstration, we selected the noted presence of bone/soft

tissue lesions, cardiac abnormalities, COPD, granuloma, pleural fibrosis, pleural

fluid, scarring, radiographic abnormalities, mass, pleural, nodule, atelect, hilar,

infiltrate, and other abnormalities. The curves are stratified by whether the mentioned

abnormalities and lung cancer were present at the beginning of the study.
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Figure 2.1: Survival curves plotted with Kaplan–Meier survival estimates for
phenogroups, stratified by abnormalities.

2.2.1 Preprocessing

In this study, we used grayscale chest radiographs, demographic data, time-to-death,

and censor indicators. Demographic data record sex, race, ethnicity, cigarette smoking

status, and age. Age was defined to be the age at the time of screening. Time-to-event

was defined as the number of days from the chest X-ray screen to the day of death or

the last known day of life (censoring time). Censor indicators were binary variables,

where 0 indicated that the outcome was censored, and 1 indicated that death was

observed.

In total, 89,643 images were used; 60% were used for training the model, 20% were

held out as the validation data for optimizing model hyperparameters, and 20% were

held out for testing and final model evaluation. We ensured that images from the
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same patient did not appear in more than one of the training, testing, or validation

subsets of data.

An illustration of the image preprocessing procedure is shown in Figure 2.2. The

size of each image is 2500 by 2100 pixels. In order to reduce computational costs,

each chest radiograph was resized to a 256 by 256-pixel image. Images in the training

dataset were cropped to 224 by 224 pixels at a random position. Images in the testing

dataset were cropped at the four corners and the center. Predictions were obtained

for each crop independently and averaged to obtain a final prediction for the entire

image.

Statistics of data from the subset of the PLCO database used in this study are

summarized in Table 2.1. Samples with negative times were discarded.

Resize Random 
Crop

(a) Images in the training dataset were

resized and cropped at a random position.

Resize Crop

Upper 
Left

Upper 
Right

Center

Lower 
Right

Lower 
Left

(b) Images in the test dataset were

resized and cropped at the corners

and the center.

Figure 2.2: An illustration of the resizing and cropping procedure.
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Characteristic Number

Number of patients 25,433

Number of samples (images) 89,643

Average number of samples (images) per patient 3.52

% Censored outcomes 67.40%

Age (25th–75th percentiles) 65.5 ± 7.5

% White patients 12.68%

% Patients who smoke 79.19%

% Patients surviving beyond 10 years 83.18%

% Patients with confirmed primary invasive

lung cancer diagnosed during the trial
4.07%

Time-to-event (years) 15.60 ± 4.33

Table 2.1: Statistics of the subset of PLCO data used in this study.

2.2.2 Evaluation Metrics

We evaluated the performance of the considered models using the Brier score [8], the

concordance index based on the inverse probability of censoring weights [56], the

cumulative/dynamic area under the receiver operating characteristic curve (AUC)

[27, 55], and the expected calibration error (ECE) [47] for 2-year, 5-year, and 10-year

time horizons. Additional details on evaluation metrics can be found in Appendix A.4.

Bootstrapping with 100 samples was performed to obtain 95% confidence intervals.

Samples were drawn from test-set predictions with 100 replacements.

The Brier score measures the average squared distance between the actual survival

probability and the predicted survival probability for a given time horizon. The

higher the Brier score, the worse the discriminative performance of the model.

The concordance index measures discriminative performance in terms of the prob-

ability of assigning higher risk to subjects with shorter times-to-events by calculating

the ratio of the number of correctly ordered pairs of patients, based on their actual

11
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outcomes, to the total number of such pairs. The concordance index, based on the

inverse probability of censoring weights, uses the Kaplan–Meier estimator to estimate

the censoring distribution.

The receiver operating characteristic (ROC) curve is typically depicted with

the true positive rate as a function of the false positive rate for varying sensitivity

thresholds of a binary discrimination or detection model. The higher the AUC, the

more accurately ranked the test data instances, i.e., the model gives the positive

samples higher scores than the negatives.

The expected calibration error (ECE) is calculated by splitting data sorted by

predicted probabilities into subsequent bins and averaging the per-bin differences

between predicted probabilities and true probabilities. The lower the ECE, the

better the model prediction scores correlate with true probabilities; hence there is

less miscalibration.

2.2.3 Methods

In this work, we propose a novel model that extracts survival probabilities from chest

X-rays, trained in an end-to-end fashion. Our model consists of an encoder and a

survival model that are connected by a multilayer perceptron, as shown in Figure 2.3.

The encoder is based on a DenseNet model [26] that takes the chest X-rays as inputs

and outputs a numeric vector as the representation of the images. The encoder was

adopted from the TorchXRayVision Python package [11] and pre-trained on other

chest X-ray datasets, including CheXpert and MIMIC-CXR.

Convolutional Neural Network 
(DenseNet-121)

Image Data  
(Chest X-Rays) 

x
<latexit sha1_base64="dqdrVHjV7q9jPu9t7E7zyxx5hBA=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjKK+YDkCHubvWTN7t6xuyeGI/4GW63txNb/Yuk/cS+5wiQ+GHi8N8PMvCDmTBvX/XYKa+sbm1vF7dLO7t7+QfnwqKWjRBHaJBGPVCfAmnImadMww2knVhSLgNN2ML7O/PYjVZpF8t5MYuoLPJQsZAQbK7V6gUifpv1yxa26M6BV4uWkAjka/fJPbxCRRFBpCMdadz03Nn6KlWGE02mpl2gaYzLGQ9q1VGJBtZ/Orp2iM6sMUBgpW9Kgmfp3IsVC64kIbKfAZqSXvUz8z+smJrzyUybjxFBJ5ovChCMToex1NGCKEsMnlmCimL0VkRFWmBgb0MKWQGSZeMsJrJLWRdVzq97tZaV+l6dThBM4hXPwoAZ1uIEGNIHAA7zAK7w5z8678+F8zlsLTj5zDAtwvn4BrEqV9w==</latexit><latexit sha1_base64="dqdrVHjV7q9jPu9t7E7zyxx5hBA=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjKK+YDkCHubvWTN7t6xuyeGI/4GW63txNb/Yuk/cS+5wiQ+GHi8N8PMvCDmTBvX/XYKa+sbm1vF7dLO7t7+QfnwqKWjRBHaJBGPVCfAmnImadMww2knVhSLgNN2ML7O/PYjVZpF8t5MYuoLPJQsZAQbK7V6gUifpv1yxa26M6BV4uWkAjka/fJPbxCRRFBpCMdadz03Nn6KlWGE02mpl2gaYzLGQ9q1VGJBtZ/Orp2iM6sMUBgpW9Kgmfp3IsVC64kIbKfAZqSXvUz8z+smJrzyUybjxFBJ5ovChCMToex1NGCKEsMnlmCimL0VkRFWmBgb0MKWQGSZeMsJrJLWRdVzq97tZaV+l6dThBM4hXPwoAZ1uIEGNIHAA7zAK7w5z8678+F8zlsLTj5zDAtwvn4BrEqV9w==</latexit><latexit sha1_base64="dqdrVHjV7q9jPu9t7E7zyxx5hBA=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjKK+YDkCHubvWTN7t6xuyeGI/4GW63txNb/Yuk/cS+5wiQ+GHi8N8PMvCDmTBvX/XYKa+sbm1vF7dLO7t7+QfnwqKWjRBHaJBGPVCfAmnImadMww2knVhSLgNN2ML7O/PYjVZpF8t5MYuoLPJQsZAQbK7V6gUifpv1yxa26M6BV4uWkAjka/fJPbxCRRFBpCMdadz03Nn6KlWGE02mpl2gaYzLGQ9q1VGJBtZ/Orp2iM6sMUBgpW9Kgmfp3IsVC64kIbKfAZqSXvUz8z+smJrzyUybjxFBJ5ovChCMToex1NGCKEsMnlmCimL0VkRFWmBgb0MKWQGSZeMsJrJLWRdVzq97tZaV+l6dThBM4hXPwoAZ1uIEGNIHAA7zAK7w5z8678+F8zlsLTj5zDAtwvn4BrEqV9w==</latexit><latexit sha1_base64="dqdrVHjV7q9jPu9t7E7zyxx5hBA=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjKK+YDkCHubvWTN7t6xuyeGI/4GW63txNb/Yuk/cS+5wiQ+GHi8N8PMvCDmTBvX/XYKa+sbm1vF7dLO7t7+QfnwqKWjRBHaJBGPVCfAmnImadMww2knVhSLgNN2ML7O/PYjVZpF8t5MYuoLPJQsZAQbK7V6gUifpv1yxa26M6BV4uWkAjka/fJPbxCRRFBpCMdadz03Nn6KlWGE02mpl2gaYzLGQ9q1VGJBtZ/Orp2iM6sMUBgpW9Kgmfp3IsVC64kIbKfAZqSXvUz8z+smJrzyUybjxFBJ5ovChCMToex1NGCKEsMnlmCimL0VkRFWmBgb0MKWQGSZeMsJrJLWRdVzq97tZaV+l6dThBM4hXPwoAZ1uIEGNIHAA7zAK7w5z8678+F8zlsLTj5zDAtwvn4BrEqV9w==</latexit>

�(·)
<latexit sha1_base64="KzRnAbMVyvydBQwxSvZ/u3Emuko=">AAACCHicbVDLSsNAFJ3UV62vqEs3g0Wom5KIoMuCG5dV7AOaUCaTaTt0HmFmUighP+A3uNW1O3HrX7j0T5y2WdjWAxcO59zLuZwoYVQbz/t2ShubW9s75d3K3v7B4ZF7fNLWMlWYtLBkUnUjpAmjgrQMNYx0E0UQjxjpROO7md+ZEKWpFE9mmpCQo6GgA4qRsVLfdYOIZ0EyonktwLE0l3236tW9OeA68QtSBQWaffcniCVOOREGM6R1z/cSE2ZIGYoZyStBqkmC8BgNSc9SgTjRYTb/PIcXVonhQCo7wsC5+vciQ1zrKY/sJkdmpFe9mfif10vN4DbMqEhSQwReBA1SBo2EsxpgTBXBhk0tQVhR+yvEI6QQNraspZSI57YTf7WBddK+qvte3X+4rjYei3bK4AycgxrwwQ1ogHvQBC2AwQS8gFfw5jw7786H87lYLTnFzSlYgvP1Cz5Qmgg=</latexit><latexit sha1_base64="KzRnAbMVyvydBQwxSvZ/u3Emuko=">AAACCHicbVDLSsNAFJ3UV62vqEs3g0Wom5KIoMuCG5dV7AOaUCaTaTt0HmFmUighP+A3uNW1O3HrX7j0T5y2WdjWAxcO59zLuZwoYVQbz/t2ShubW9s75d3K3v7B4ZF7fNLWMlWYtLBkUnUjpAmjgrQMNYx0E0UQjxjpROO7md+ZEKWpFE9mmpCQo6GgA4qRsVLfdYOIZ0EyonktwLE0l3236tW9OeA68QtSBQWaffcniCVOOREGM6R1z/cSE2ZIGYoZyStBqkmC8BgNSc9SgTjRYTb/PIcXVonhQCo7wsC5+vciQ1zrKY/sJkdmpFe9mfif10vN4DbMqEhSQwReBA1SBo2EsxpgTBXBhk0tQVhR+yvEI6QQNraspZSI57YTf7WBddK+qvte3X+4rjYei3bK4AycgxrwwQ1ogHvQBC2AwQS8gFfw5jw7786H87lYLTnFzSlYgvP1Cz5Qmgg=</latexit><latexit sha1_base64="KzRnAbMVyvydBQwxSvZ/u3Emuko=">AAACCHicbVDLSsNAFJ3UV62vqEs3g0Wom5KIoMuCG5dV7AOaUCaTaTt0HmFmUighP+A3uNW1O3HrX7j0T5y2WdjWAxcO59zLuZwoYVQbz/t2ShubW9s75d3K3v7B4ZF7fNLWMlWYtLBkUnUjpAmjgrQMNYx0E0UQjxjpROO7md+ZEKWpFE9mmpCQo6GgA4qRsVLfdYOIZ0EyonktwLE0l3236tW9OeA68QtSBQWaffcniCVOOREGM6R1z/cSE2ZIGYoZyStBqkmC8BgNSc9SgTjRYTb/PIcXVonhQCo7wsC5+vciQ1zrKY/sJkdmpFe9mfif10vN4DbMqEhSQwReBA1SBo2EsxpgTBXBhk0tQVhR+yvEI6QQNraspZSI57YTf7WBddK+qvte3X+4rjYei3bK4AycgxrwwQ1ogHvQBC2AwQS8gFfw5jw7786H87lYLTnFzSlYgvP1Cz5Qmgg=</latexit><latexit sha1_base64="KzRnAbMVyvydBQwxSvZ/u3Emuko=">AAACCHicbVDLSsNAFJ3UV62vqEs3g0Wom5KIoMuCG5dV7AOaUCaTaTt0HmFmUighP+A3uNW1O3HrX7j0T5y2WdjWAxcO59zLuZwoYVQbz/t2ShubW9s75d3K3v7B4ZF7fNLWMlWYtLBkUnUjpAmjgrQMNYx0E0UQjxjpROO7md+ZEKWpFE9mmpCQo6GgA4qRsVLfdYOIZ0EyonktwLE0l3236tW9OeA68QtSBQWaffcniCVOOREGM6R1z/cSE2ZIGYoZyStBqkmC8BgNSc9SgTjRYTb/PIcXVonhQCo7wsC5+vciQ1zrKY/sJkdmpFe9mfif10vN4DbMqEhSQwReBA1SBo2EsxpgTBXBhk0tQVhR+yvEI6QQNraspZSI57YTf7WBddK+qvte3X+4rjYei3bK4AycgxrwwQ1ogHvQBC2AwQS8gFfw5jw7786H87lYLTnFzSlYgvP1Cz5Qmgg=</latexit>

<latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit>

<latexit sha1_base64="ENDm++RDX1SCUlwSpQC+qJTsZVE=">AAACAnicbVC7SgNBFJ2NrxhfUUubwSBYhV0RtAzYWEkE84DdJcxO7iZDZmaXmVkhLun8Blut7cTWH7H0T5wkW5jEAxcO59zLuZwo5Uwb1/12SmvrG5tb5e3Kzu7e/kH18Kitk0xRaNGEJ6obEQ2cSWgZZjh0UwVERBw60ehm6nceQWmWyAczTiEUZCBZzCgxVgr8IBJ58ASGTMJetebW3RnwKvEKUkMFmr3qT9BPaCZAGsqJ1r7npibMiTKMcphUgkxDSuiIDMC3VBIBOsxnP0/wmVX6OE6UHWnwTP17kROh9VhEdlMQM9TL3lT8z/MzE1+HOZNpZkDSeVCccWwSPC0A95kCavjYEkIVs79iOiSKUGNrWkiJxMR24i03sEraF3XPrXv3l7XGXdFOGZ2gU3SOPHSFGugWNVELUZSiF/SK3pxn5935cD7nqyWnuDlGC3C+fgFBxZh/</latexit><latexit sha1_base64="ENDm++RDX1SCUlwSpQC+qJTsZVE=">AAACAnicbVC7SgNBFJ2NrxhfUUubwSBYhV0RtAzYWEkE84DdJcxO7iZDZmaXmVkhLun8Blut7cTWH7H0T5wkW5jEAxcO59zLuZwo5Uwb1/12SmvrG5tb5e3Kzu7e/kH18Kitk0xRaNGEJ6obEQ2cSWgZZjh0UwVERBw60ehm6nceQWmWyAczTiEUZCBZzCgxVgr8IBJ58ASGTMJetebW3RnwKvEKUkMFmr3qT9BPaCZAGsqJ1r7npibMiTKMcphUgkxDSuiIDMC3VBIBOsxnP0/wmVX6OE6UHWnwTP17kROh9VhEdlMQM9TL3lT8z/MzE1+HOZNpZkDSeVCccWwSPC0A95kCavjYEkIVs79iOiSKUGNrWkiJxMR24i03sEraF3XPrXv3l7XGXdFOGZ2gU3SOPHSFGugWNVELUZSiF/SK3pxn5935cD7nqyWnuDlGC3C+fgFBxZh/</latexit><latexit sha1_base64="ENDm++RDX1SCUlwSpQC+qJTsZVE=">AAACAnicbVC7SgNBFJ2NrxhfUUubwSBYhV0RtAzYWEkE84DdJcxO7iZDZmaXmVkhLun8Blut7cTWH7H0T5wkW5jEAxcO59zLuZwo5Uwb1/12SmvrG5tb5e3Kzu7e/kH18Kitk0xRaNGEJ6obEQ2cSWgZZjh0UwVERBw60ehm6nceQWmWyAczTiEUZCBZzCgxVgr8IBJ58ASGTMJetebW3RnwKvEKUkMFmr3qT9BPaCZAGsqJ1r7npibMiTKMcphUgkxDSuiIDMC3VBIBOsxnP0/wmVX6OE6UHWnwTP17kROh9VhEdlMQM9TL3lT8z/MzE1+HOZNpZkDSeVCccWwSPC0A95kCavjYEkIVs79iOiSKUGNrWkiJxMR24i03sEraF3XPrXv3l7XGXdFOGZ2gU3SOPHSFGugWNVELUZSiF/SK3pxn5935cD7nqyWnuDlGC3C+fgFBxZh/</latexit><latexit sha1_base64="ENDm++RDX1SCUlwSpQC+qJTsZVE=">AAACAnicbVC7SgNBFJ2NrxhfUUubwSBYhV0RtAzYWEkE84DdJcxO7iZDZmaXmVkhLun8Blut7cTWH7H0T5wkW5jEAxcO59zLuZwo5Uwb1/12SmvrG5tb5e3Kzu7e/kH18Kitk0xRaNGEJ6obEQ2cSWgZZjh0UwVERBw60ehm6nceQWmWyAczTiEUZCBZzCgxVgr8IBJ58ASGTMJetebW3RnwKvEKUkMFmr3qT9BPaCZAGsqJ1r7npibMiTKMcphUgkxDSuiIDMC3VBIBOsxnP0/wmVX6OE6UHWnwTP17kROh9VhEdlMQM9TL3lT8z/MzE1+HOZNpZkDSeVCccWwSPC0A95kCavjYEkIVs79iOiSKUGNrWkiJxMR24i03sEraF3XPrXv3l7XGXdFOGZ2gU3SOPHSFGugWNVELUZSiF/SK3pxn5935cD7nqyWnuDlGC3C+fgFBxZh/</latexit>

<latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit>

<latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit><latexit sha1_base64="HaKxPdGwWfU3KYTtNJBQDHB+8Ak=">AAAB/HicbVBNSwMxEJ2tX7V+VT16CRZBEMquFPRY8OJJKtgPaJeSTbNtbJJdkqxQlvobvOrZm3j1v3j0n5ht92BbHww83pthZl4Qc6aN6347hbX1jc2t4nZpZ3dv/6B8eNTSUaIIbZKIR6oTYE05k7RpmOG0EyuKRcBpOxjfZH77iSrNIvlgJjH1BR5KFjKCjZVavUCkF9N+ueJW3RnQKvFyUoEcjX75pzeISCKoNIRjrbueGxs/xcowwum01Es0jTEZ4yHtWiqxoNpPZ9dO0ZlVBiiMlC1p0Ez9O5FiofVEBLZTYDPSy14m/ud1ExNe+ymTcWKoJPNFYcKRiVD2OhowRYnhE0swUczeisgIK0yMDWhhSyCyTLzlBFZJ67LquVXvvlap3+XpFOEETuEcPLiCOtxCA5pA4BFe4BXenGfn3flwPuetBSefOYYFOF+/MZKVpg==</latexit>

<latexit sha1_base64="i2PV2O3t7PlZkPsRrvNi0ApKJXk=">AAACDXicbVC7SgNBFJ2Nrxhfq2JlsxiE2IRdEbQM2FhJBPOAJITZyWwyZB7LzF1JWPINfoOt1nZi6zdY+idOki1M4oELh3Pu5VxOGHNmwPe/ndza+sbmVn67sLO7t3/gHh7VjUo0oTWiuNLNEBvKmaQ1YMBpM9YUi5DTRji8nfqNJ6oNU/IRxjHtCNyXLGIEg5W67kkb6AhSoyIQeDQptUlPwUXXLfplfwZvlQQZKaIM1a770+4pkggqgXBsTCvwY+ikWAMjnE4K7cTQGJMh7tOWpRILajrp7P2Jd26VnhcpbUeCN1P/XqRYGDMWod0UGAZm2ZuK/3mtBKKbTspknACVZB4UJdwD5U278HpMUwJ8bAkmmtlfPTLAGhOwjS2khGJiOwmWG1gl9cty4JeDh6ti5T5rJ49O0RkqoQBdowq6Q1VUQwSl6AW9ojfn2Xl3PpzP+WrOyW6O0QKcr1/Vu5yR</latexit><latexit sha1_base64="i2PV2O3t7PlZkPsRrvNi0ApKJXk=">AAACDXicbVC7SgNBFJ2Nrxhfq2JlsxiE2IRdEbQM2FhJBPOAJITZyWwyZB7LzF1JWPINfoOt1nZi6zdY+idOki1M4oELh3Pu5VxOGHNmwPe/ndza+sbmVn67sLO7t3/gHh7VjUo0oTWiuNLNEBvKmaQ1YMBpM9YUi5DTRji8nfqNJ6oNU/IRxjHtCNyXLGIEg5W67kkb6AhSoyIQeDQptUlPwUXXLfplfwZvlQQZKaIM1a770+4pkggqgXBsTCvwY+ikWAMjnE4K7cTQGJMh7tOWpRILajrp7P2Jd26VnhcpbUeCN1P/XqRYGDMWod0UGAZm2ZuK/3mtBKKbTspknACVZB4UJdwD5U278HpMUwJ8bAkmmtlfPTLAGhOwjS2khGJiOwmWG1gl9cty4JeDh6ti5T5rJ49O0RkqoQBdowq6Q1VUQwSl6AW9ojfn2Xl3PpzP+WrOyW6O0QKcr1/Vu5yR</latexit><latexit sha1_base64="i2PV2O3t7PlZkPsRrvNi0ApKJXk=">AAACDXicbVC7SgNBFJ2Nrxhfq2JlsxiE2IRdEbQM2FhJBPOAJITZyWwyZB7LzF1JWPINfoOt1nZi6zdY+idOki1M4oELh3Pu5VxOGHNmwPe/ndza+sbmVn67sLO7t3/gHh7VjUo0oTWiuNLNEBvKmaQ1YMBpM9YUi5DTRji8nfqNJ6oNU/IRxjHtCNyXLGIEg5W67kkb6AhSoyIQeDQptUlPwUXXLfplfwZvlQQZKaIM1a770+4pkggqgXBsTCvwY+ikWAMjnE4K7cTQGJMh7tOWpRILajrp7P2Jd26VnhcpbUeCN1P/XqRYGDMWod0UGAZm2ZuK/3mtBKKbTspknACVZB4UJdwD5U278HpMUwJ8bAkmmtlfPTLAGhOwjS2khGJiOwmWG1gl9cty4JeDh6ti5T5rJ49O0RkqoQBdowq6Q1VUQwSl6AW9ojfn2Xl3PpzP+WrOyW6O0QKcr1/Vu5yR</latexit><latexit sha1_base64="i2PV2O3t7PlZkPsRrvNi0ApKJXk=">AAACDXicbVC7SgNBFJ2Nrxhfq2JlsxiE2IRdEbQM2FhJBPOAJITZyWwyZB7LzF1JWPINfoOt1nZi6zdY+idOki1M4oELh3Pu5VxOGHNmwPe/ndza+sbmVn67sLO7t3/gHh7VjUo0oTWiuNLNEBvKmaQ1YMBpM9YUi5DTRji8nfqNJ6oNU/IRxjHtCNyXLGIEg5W67kkb6AhSoyIQeDQptUlPwUXXLfplfwZvlQQZKaIM1a770+4pkggqgXBsTCvwY+ikWAMjnE4K7cTQGJMh7tOWpRILajrp7P2Jd26VnhcpbUeCN1P/XqRYGDMWod0UGAZm2ZuK/3mtBKKbTspknACVZB4UJdwD5U278HpMUwJ8bAkmmtlfPTLAGhOwjS2khGJiOwmWG1gl9cty4JeDh6ti5T5rJ49O0RkqoQBdowq6Q1VUQwSl6AW9ojfn2Xl3PpzP+WrOyW6O0QKcr1/Vu5yR</latexit>

P(T > t|X)
<latexit sha1_base64="qYVk53jm+qnqPd1uDoOFEuihSY0=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQVdScONKKvQFbSgz00k7dCYJMxOlxHyB3+BW1+7ErV/h0j9x0mZhWw9cOJxzL/dwcMSZ0o7zbRXW1jc2t4rbpZ3dvf0Du3zYVmEsCW2RkIeyi5GinAW0pZnmtBtJigTmtIMnN5nfeaBSsTBo6mlEPYFGAfMZQdpIA7vcF0iPMU4aabV5rZ+6ZwO74tScGeAqcXNSATkaA/unPwxJLGigCUdK9Vwn0l6CpGaE07TUjxWNEJmgEe0ZGiBBlZfMoqfw1ChD6IfSTKDhTP17kSCh1FRgs5kFVcteJv7n9WLtX3kJC6JY04DMH/kxhzqEWQ9wyCQlmk8NQUQykxWSMZKIaNPWwhcsUtOJu9zAKmmf11yn5t5fVOp3eTtFcAxOQBW44BLUwS1ogBYg4BG8gFfwZj1b79aH9TlfLVj5zRFYgPX1C6NRmjQ=</latexit><latexit sha1_base64="qYVk53jm+qnqPd1uDoOFEuihSY0=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQVdScONKKvQFbSgz00k7dCYJMxOlxHyB3+BW1+7ErV/h0j9x0mZhWw9cOJxzL/dwcMSZ0o7zbRXW1jc2t4rbpZ3dvf0Du3zYVmEsCW2RkIeyi5GinAW0pZnmtBtJigTmtIMnN5nfeaBSsTBo6mlEPYFGAfMZQdpIA7vcF0iPMU4aabV5rZ+6ZwO74tScGeAqcXNSATkaA/unPwxJLGigCUdK9Vwn0l6CpGaE07TUjxWNEJmgEe0ZGiBBlZfMoqfw1ChD6IfSTKDhTP17kSCh1FRgs5kFVcteJv7n9WLtX3kJC6JY04DMH/kxhzqEWQ9wyCQlmk8NQUQykxWSMZKIaNPWwhcsUtOJu9zAKmmf11yn5t5fVOp3eTtFcAxOQBW44BLUwS1ogBYg4BG8gFfwZj1b79aH9TlfLVj5zRFYgPX1C6NRmjQ=</latexit><latexit sha1_base64="qYVk53jm+qnqPd1uDoOFEuihSY0=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQVdScONKKvQFbSgz00k7dCYJMxOlxHyB3+BW1+7ErV/h0j9x0mZhWw9cOJxzL/dwcMSZ0o7zbRXW1jc2t4rbpZ3dvf0Du3zYVmEsCW2RkIeyi5GinAW0pZnmtBtJigTmtIMnN5nfeaBSsTBo6mlEPYFGAfMZQdpIA7vcF0iPMU4aabV5rZ+6ZwO74tScGeAqcXNSATkaA/unPwxJLGigCUdK9Vwn0l6CpGaE07TUjxWNEJmgEe0ZGiBBlZfMoqfw1ChD6IfSTKDhTP17kSCh1FRgs5kFVcteJv7n9WLtX3kJC6JY04DMH/kxhzqEWQ9wyCQlmk8NQUQykxWSMZKIaNPWwhcsUtOJu9zAKmmf11yn5t5fVOp3eTtFcAxOQBW44BLUwS1ogBYg4BG8gFfwZj1b79aH9TlfLVj5zRFYgPX1C6NRmjQ=</latexit><latexit sha1_base64="qYVk53jm+qnqPd1uDoOFEuihSY0=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQVdScONKKvQFbSgz00k7dCYJMxOlxHyB3+BW1+7ErV/h0j9x0mZhWw9cOJxzL/dwcMSZ0o7zbRXW1jc2t4rbpZ3dvf0Du3zYVmEsCW2RkIeyi5GinAW0pZnmtBtJigTmtIMnN5nfeaBSsTBo6mlEPYFGAfMZQdpIA7vcF0iPMU4aabV5rZ+6ZwO74tScGeAqcXNSATkaA/unPwxJLGigCUdK9Vwn0l6CpGaE07TUjxWNEJmgEe0ZGiBBlZfMoqfw1ChD6IfSTKDhTP17kSCh1FRgs5kFVcteJv7n9WLtX3kJC6JY04DMH/kxhzqEWQ9wyCQlmk8NQUQykxWSMZKIaNPWwhcsUtOJu9zAKmmf11yn5t5fVOp3eTtFcAxOQBW44BLUwS1ogBYg4BG8gFfwZj1b79aH9TlfLVj5zRFYgPX1C6NRmjQ=</latexit>

P(T = t|X)
<latexit sha1_base64="t6tZ+dt8ZIylLf4StqqWw08IFzM=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQTdCwY0rqdAXtKHMTCft0JkkzEyUEvMFfoNbXbsTt36FS//ESZuFbT1w4XDOvdzDwRFnSjvOt1VYW9/Y3Cpul3Z29/YP7PJhW4WxJLRFQh7KLkaKchbQlmaa024kKRKY0w6e3GR+54FKxcKgqacR9QQaBcxnBGkjDexyXyA9xjhppNXmtX7qng3silNzZoCrxM1JBeRoDOyf/jAksaCBJhwp1XOdSHsJkpoRTtNSP1Y0QmSCRrRnaIAEVV4yi57CU6MMoR9KM4GGM/XvRYKEUlOBzWYWVC17mfif14u1f+UlLIhiTQMyf+THHOoQZj3AIZOUaD41BBHJTFZIxkgiok1bC1+wSE0n7nIDq6R9XnOdmnt/Uanf5e0UwTE4AVXggktQB7egAVqAgEfwAl7Bm/VsvVsf1ud8tWDlN0dgAdbXL6G6mjM=</latexit><latexit sha1_base64="t6tZ+dt8ZIylLf4StqqWw08IFzM=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQTdCwY0rqdAXtKHMTCft0JkkzEyUEvMFfoNbXbsTt36FS//ESZuFbT1w4XDOvdzDwRFnSjvOt1VYW9/Y3Cpul3Z29/YP7PJhW4WxJLRFQh7KLkaKchbQlmaa024kKRKY0w6e3GR+54FKxcKgqacR9QQaBcxnBGkjDexyXyA9xjhppNXmtX7qng3silNzZoCrxM1JBeRoDOyf/jAksaCBJhwp1XOdSHsJkpoRTtNSP1Y0QmSCRrRnaIAEVV4yi57CU6MMoR9KM4GGM/XvRYKEUlOBzWYWVC17mfif14u1f+UlLIhiTQMyf+THHOoQZj3AIZOUaD41BBHJTFZIxkgiok1bC1+wSE0n7nIDq6R9XnOdmnt/Uanf5e0UwTE4AVXggktQB7egAVqAgEfwAl7Bm/VsvVsf1ud8tWDlN0dgAdbXL6G6mjM=</latexit><latexit sha1_base64="t6tZ+dt8ZIylLf4StqqWw08IFzM=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQTdCwY0rqdAXtKHMTCft0JkkzEyUEvMFfoNbXbsTt36FS//ESZuFbT1w4XDOvdzDwRFnSjvOt1VYW9/Y3Cpul3Z29/YP7PJhW4WxJLRFQh7KLkaKchbQlmaa024kKRKY0w6e3GR+54FKxcKgqacR9QQaBcxnBGkjDexyXyA9xjhppNXmtX7qng3silNzZoCrxM1JBeRoDOyf/jAksaCBJhwp1XOdSHsJkpoRTtNSP1Y0QmSCRrRnaIAEVV4yi57CU6MMoR9KM4GGM/XvRYKEUlOBzWYWVC17mfif14u1f+UlLIhiTQMyf+THHOoQZj3AIZOUaD41BBHJTFZIxkgiok1bC1+wSE0n7nIDq6R9XnOdmnt/Uanf5e0UwTE4AVXggktQB7egAVqAgEfwAl7Bm/VsvVsf1ud8tWDlN0dgAdbXL6G6mjM=</latexit><latexit sha1_base64="t6tZ+dt8ZIylLf4StqqWw08IFzM=">AAACCXicbVDLSsNAFJ3UV62vVJduBotQNyURQTdCwY0rqdAXtKHMTCft0JkkzEyUEvMFfoNbXbsTt36FS//ESZuFbT1w4XDOvdzDwRFnSjvOt1VYW9/Y3Cpul3Z29/YP7PJhW4WxJLRFQh7KLkaKchbQlmaa024kKRKY0w6e3GR+54FKxcKgqacR9QQaBcxnBGkjDexyXyA9xjhppNXmtX7qng3silNzZoCrxM1JBeRoDOyf/jAksaCBJhwp1XOdSHsJkpoRTtNSP1Y0QmSCRrRnaIAEVV4yi57CU6MMoR9KM4GGM/XvRYKEUlOBzWYWVC17mfif14u1f+UlLIhiTQMyf+THHOoQZj3AIZOUaD41BBHJTFZIxkgiok1bC1+wSE0n7nIDq6R9XnOdmnt/Uanf5e0UwTE4AVXggktQB7egAVqAgEfwAl7Bm/VsvVsf1ud8tWDlN0dgAdbXL6G6mjM=</latexit>

<latexit sha1_base64="8ZvkSRXkcHJvLiXspS46nyCo8dI=">AAACDHicbVDLSsNAFJ3UV62v+ti5CRbBVUlE0GXBjSupYFuhCWUyuW2HziRh5kaoIb/gN7jVtTtx6z+49E+ctlnY1gMXDufcy7mcIBFco+N8W6WV1bX1jfJmZWt7Z3evun/Q1nGqGLRYLGL1EFANgkfQQo4CHhIFVAYCOsHoeuJ3HkFpHkf3OE7Al3QQ8T5nFI3Uqx51PeQihMwLpBlAmud+r1pz6s4U9jJxC1IjBZq96o8XxiyVECETVOuu6yToZ1QhZwLyipdqSCgb0QF0DY2oBO1n0+9z+9Qood2PlZkI7an69yKjUuuxDMympDjUi95E/M/rpti/8jMeJSlCxGZB/VTYGNuTKuyQK2AoxoZQprj51WZDqihDU9hcSiBz04m72MAyaZ/XXafu3l3UGrdFO2VyTE7IGXHJJWmQG9IkLcLIE3khr+TNerberQ/rc7ZasoqbQzIH6+sXSv6cTg==</latexit><latexit sha1_base64="8ZvkSRXkcHJvLiXspS46nyCo8dI=">AAACDHicbVDLSsNAFJ3UV62v+ti5CRbBVUlE0GXBjSupYFuhCWUyuW2HziRh5kaoIb/gN7jVtTtx6z+49E+ctlnY1gMXDufcy7mcIBFco+N8W6WV1bX1jfJmZWt7Z3evun/Q1nGqGLRYLGL1EFANgkfQQo4CHhIFVAYCOsHoeuJ3HkFpHkf3OE7Al3QQ8T5nFI3Uqx51PeQihMwLpBlAmud+r1pz6s4U9jJxC1IjBZq96o8XxiyVECETVOuu6yToZ1QhZwLyipdqSCgb0QF0DY2oBO1n0+9z+9Qood2PlZkI7an69yKjUuuxDMympDjUi95E/M/rpti/8jMeJSlCxGZB/VTYGNuTKuyQK2AoxoZQprj51WZDqihDU9hcSiBz04m72MAyaZ/XXafu3l3UGrdFO2VyTE7IGXHJJWmQG9IkLcLIE3khr+TNerberQ/rc7ZasoqbQzIH6+sXSv6cTg==</latexit><latexit sha1_base64="8ZvkSRXkcHJvLiXspS46nyCo8dI=">AAACDHicbVDLSsNAFJ3UV62v+ti5CRbBVUlE0GXBjSupYFuhCWUyuW2HziRh5kaoIb/gN7jVtTtx6z+49E+ctlnY1gMXDufcy7mcIBFco+N8W6WV1bX1jfJmZWt7Z3evun/Q1nGqGLRYLGL1EFANgkfQQo4CHhIFVAYCOsHoeuJ3HkFpHkf3OE7Al3QQ8T5nFI3Uqx51PeQihMwLpBlAmud+r1pz6s4U9jJxC1IjBZq96o8XxiyVECETVOuu6yToZ1QhZwLyipdqSCgb0QF0DY2oBO1n0+9z+9Qood2PlZkI7an69yKjUuuxDMympDjUi95E/M/rpti/8jMeJSlCxGZB/VTYGNuTKuyQK2AoxoZQprj51WZDqihDU9hcSiBz04m72MAyaZ/XXafu3l3UGrdFO2VyTE7IGXHJJWmQG9IkLcLIE3khr+TNerberQ/rc7ZasoqbQzIH6+sXSv6cTg==</latexit><latexit sha1_base64="8ZvkSRXkcHJvLiXspS46nyCo8dI=">AAACDHicbVDLSsNAFJ3UV62v+ti5CRbBVUlE0GXBjSupYFuhCWUyuW2HziRh5kaoIb/gN7jVtTtx6z+49E+ctlnY1gMXDufcy7mcIBFco+N8W6WV1bX1jfJmZWt7Z3evun/Q1nGqGLRYLGL1EFANgkfQQo4CHhIFVAYCOsHoeuJ3HkFpHkf3OE7Al3QQ8T5nFI3Uqx51PeQihMwLpBlAmud+r1pz6s4U9jJxC1IjBZq96o8XxiyVECETVOuu6yToZ1QhZwLyipdqSCgb0QF0DY2oBO1n0+9z+9Qood2PlZkI7an69yKjUuuxDMympDjUi95E/M/rpti/8jMeJSlCxGZB/VTYGNuTKuyQK2AoxoZQprj51WZDqihDU9hcSiBz04m72MAyaZ/XXafu3l3UGrdFO2VyTE7IGXHJJWmQG9IkLcLIE3khr+TNerberQ/rc7ZasoqbQzIH6+sXSv6cTg==</latexit>

<latexit sha1_base64="+XPcXCXcTwJ8eCQh21zIFIQ88Hw=">AAACC3icbVDLSsNAFJ3UV62vapdugkVwVRIRdFlw40oq2Ac0oUwmt+3QmSTM3Agl5BP8Bre6didu/QiX/onTNgvbeuDC4Zx7OZcTJIJrdJxvq7SxubW9U96t7O0fHB5Vj086Ok4VgzaLRax6AdUgeARt5CiglyigMhDQDSa3M7/7BErzOHrEaQK+pKOIDzmjaKRBtdb3kIsQMi+QmQdI89wfVOtOw5nDXiduQeqkQGtQ/fHCmKUSImSCat13nQT9jCrkTEBe8VINCWUTOoK+oRGVoP1s/nxunxsltIexMhOhPVf/XmRUaj2VgdmUFMd61ZuJ/3n9FIc3fsajJEWI2CJomAobY3vWhB1yBQzF1BDKFDe/2mxMFWVo+lpKCWRuOnFXG1gnncuG6zTch6t6875op0xOyRm5IC65Jk1yR1qkTRiZkhfySt6sZ+vd+rA+F6slq7ipkSVYX7+D4Zvi</latexit><latexit sha1_base64="+XPcXCXcTwJ8eCQh21zIFIQ88Hw=">AAACC3icbVDLSsNAFJ3UV62vapdugkVwVRIRdFlw40oq2Ac0oUwmt+3QmSTM3Agl5BP8Bre6didu/QiX/onTNgvbeuDC4Zx7OZcTJIJrdJxvq7SxubW9U96t7O0fHB5Vj086Ok4VgzaLRax6AdUgeARt5CiglyigMhDQDSa3M7/7BErzOHrEaQK+pKOIDzmjaKRBtdb3kIsQMi+QmQdI89wfVOtOw5nDXiduQeqkQGtQ/fHCmKUSImSCat13nQT9jCrkTEBe8VINCWUTOoK+oRGVoP1s/nxunxsltIexMhOhPVf/XmRUaj2VgdmUFMd61ZuJ/3n9FIc3fsajJEWI2CJomAobY3vWhB1yBQzF1BDKFDe/2mxMFWVo+lpKCWRuOnFXG1gnncuG6zTch6t6875op0xOyRm5IC65Jk1yR1qkTRiZkhfySt6sZ+vd+rA+F6slq7ipkSVYX7+D4Zvi</latexit><latexit sha1_base64="+XPcXCXcTwJ8eCQh21zIFIQ88Hw=">AAACC3icbVDLSsNAFJ3UV62vapdugkVwVRIRdFlw40oq2Ac0oUwmt+3QmSTM3Agl5BP8Bre6didu/QiX/onTNgvbeuDC4Zx7OZcTJIJrdJxvq7SxubW9U96t7O0fHB5Vj086Ok4VgzaLRax6AdUgeARt5CiglyigMhDQDSa3M7/7BErzOHrEaQK+pKOIDzmjaKRBtdb3kIsQMi+QmQdI89wfVOtOw5nDXiduQeqkQGtQ/fHCmKUSImSCat13nQT9jCrkTEBe8VINCWUTOoK+oRGVoP1s/nxunxsltIexMhOhPVf/XmRUaj2VgdmUFMd61ZuJ/3n9FIc3fsajJEWI2CJomAobY3vWhB1yBQzF1BDKFDe/2mxMFWVo+lpKCWRuOnFXG1gnncuG6zTch6t6875op0xOyRm5IC65Jk1yR1qkTRiZkhfySt6sZ+vd+rA+F6slq7ipkSVYX7+D4Zvi</latexit><latexit sha1_base64="+XPcXCXcTwJ8eCQh21zIFIQ88Hw=">AAACC3icbVDLSsNAFJ3UV62vapdugkVwVRIRdFlw40oq2Ac0oUwmt+3QmSTM3Agl5BP8Bre6didu/QiX/onTNgvbeuDC4Zx7OZcTJIJrdJxvq7SxubW9U96t7O0fHB5Vj086Ok4VgzaLRax6AdUgeARt5CiglyigMhDQDSa3M7/7BErzOHrEaQK+pKOIDzmjaKRBtdb3kIsQMi+QmQdI89wfVOtOw5nDXiduQeqkQGtQ/fHCmKUSImSCat13nQT9jCrkTEBe8VINCWUTOoK+oRGVoP1s/nxunxsltIexMhOhPVf/XmRUaj2VgdmUFMd61ZuJ/3n9FIc3fsajJEWI2CJomAobY3vWhB1yBQzF1BDKFDe/2mxMFWVo+lpKCWRuOnFXG1gnncuG6zTch6t6875op0xOyRm5IC65Jk1yR1qkTRiZkhfySt6sZ+vd+rA+F6slq7ipkSVYX7+D4Zvi</latexit>

<latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit>

<latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit><latexit sha1_base64="BF2+jrgJULpT3uR4kbmAG5O3eKQ=">AAACC3icbZDLSsNAFIYnXmu9Rbt0EyxC3ZREBF0W3LiSCvYCTSiTyaQdOpOEmRMxhDyCz+BW1+7ErQ/h0jdx2mZhW3848POfcziHz084U2Db38ba+sbm1nZlp7q7t39waB4dd1WcSkI7JOax7PtYUc4i2gEGnPYTSbHwOe35k5tpv/dIpWJx9ABZQj2BRxELGcGgo6FZc4E+AUCOCRQNlwQxnA/Nut20Z7JWjVOaOirVHpo/bhCTVNAICMdKDRw7AS/HEhjhtKi6qaIJJhM8ogNtIyyo8vLZ84V1ppPACmOpKwJrlv7dyLFQKhO+nhQYxmq5Nw3/6w1SCK+9nEVJCjQi80Nhyi2IrSkJK2CSEuCZNphIpn+1yBhLDULzWrjii0IzcZYJrJruRdOxm879Zb11V9KpoBN0ihrIQVeohW5RG3UQQRl6Qa/ozXg23o0P43M+umaUOzW0IOPrFxZnm5s=</latexit>

<latexit sha1_base64="D1ASDnT6pZhrotb0P29DHCAeoCk=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahXkoigh4LXjxJBfsBTSib7aZdursJu5NCCf0nXjwo4tV/4s1/47bNQVsfDDzem2FmXpQKbsDzvp3SxubW9k55t7K3f3B45B6ftE2SacpaNBGJ7kbEMMEVawEHwbqpZkRGgnWi8d3c70yYNjxRTzBNWSjJUPGYUwJW6rtuACMGBAeGS5zW6pd9t+rVvQXwOvELUkUFmn33KxgkNJNMARXEmJ7vpRDmRAOngs0qQWZYSuiYDFnPUkUkM2G+uHyGL6wywHGibSnAC/X3RE6kMVMZ2U5JYGRWvbn4n9fLIL4Nc67SDJiiy0VxJjAkeB4DHnDNKIipJYRqbm/FdEQ0oWDDqtgQ/NWX10n7qu57df/xutp4KOIoozN0jmrIRzeoge5RE7UQRRP0jF7Rm5M7L86787FsLTnFzCn6A+fzBwFEkp0=</latexit><latexit sha1_base64="D1ASDnT6pZhrotb0P29DHCAeoCk=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahXkoigh4LXjxJBfsBTSib7aZdursJu5NCCf0nXjwo4tV/4s1/47bNQVsfDDzem2FmXpQKbsDzvp3SxubW9k55t7K3f3B45B6ftE2SacpaNBGJ7kbEMMEVawEHwbqpZkRGgnWi8d3c70yYNjxRTzBNWSjJUPGYUwJW6rtuACMGBAeGS5zW6pd9t+rVvQXwOvELUkUFmn33KxgkNJNMARXEmJ7vpRDmRAOngs0qQWZYSuiYDFnPUkUkM2G+uHyGL6wywHGibSnAC/X3RE6kMVMZ2U5JYGRWvbn4n9fLIL4Nc67SDJiiy0VxJjAkeB4DHnDNKIipJYRqbm/FdEQ0oWDDqtgQ/NWX10n7qu57df/xutp4KOIoozN0jmrIRzeoge5RE7UQRRP0jF7Rm5M7L86787FsLTnFzCn6A+fzBwFEkp0=</latexit><latexit sha1_base64="D1ASDnT6pZhrotb0P29DHCAeoCk=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahXkoigh4LXjxJBfsBTSib7aZdursJu5NCCf0nXjwo4tV/4s1/47bNQVsfDDzem2FmXpQKbsDzvp3SxubW9k55t7K3f3B45B6ftE2SacpaNBGJ7kbEMMEVawEHwbqpZkRGgnWi8d3c70yYNjxRTzBNWSjJUPGYUwJW6rtuACMGBAeGS5zW6pd9t+rVvQXwOvELUkUFmn33KxgkNJNMARXEmJ7vpRDmRAOngs0qQWZYSuiYDFnPUkUkM2G+uHyGL6wywHGibSnAC/X3RE6kMVMZ2U5JYGRWvbn4n9fLIL4Nc67SDJiiy0VxJjAkeB4DHnDNKIipJYRqbm/FdEQ0oWDDqtgQ/NWX10n7qu57df/xutp4KOIoozN0jmrIRzeoge5RE7UQRRP0jF7Rm5M7L86787FsLTnFzCn6A+fzBwFEkp0=</latexit><latexit sha1_base64="D1ASDnT6pZhrotb0P29DHCAeoCk=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahXkoigh4LXjxJBfsBTSib7aZdursJu5NCCf0nXjwo4tV/4s1/47bNQVsfDDzem2FmXpQKbsDzvp3SxubW9k55t7K3f3B45B6ftE2SacpaNBGJ7kbEMMEVawEHwbqpZkRGgnWi8d3c70yYNjxRTzBNWSjJUPGYUwJW6rtuACMGBAeGS5zW6pd9t+rVvQXwOvELUkUFmn33KxgkNJNMARXEmJ7vpRDmRAOngs0qQWZYSuiYDFnPUkUkM2G+uHyGL6wywHGibSnAC/X3RE6kMVMZ2U5JYGRWvbn4n9fLIL4Nc67SDJiiy0VxJjAkeB4DHnDNKIipJYRqbm/FdEQ0oWDDqtgQ/NWX10n7qu57df/xutp4KOIoozN0jmrIRzeoge5RE7UQRRP0jF7Rm5M7L86787FsLTnFzCn6A+fzBwFEkp0=</latexit>

<latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit>

<latexit sha1_base64="H1BZqT806i3E9hkKpF15/sP2X4E=">AAACAHicbVA9SwNBEJ3zM8avqKXNYhCswp0IWgZsrCSC+cDcEfY2e8mS3b1jd08MxzX+Blut7cTWf2LpP3GTXGESHww83pthZl6YcKaN6347K6tr6xubpa3y9s7u3n7l4LCl41QR2iQxj1UnxJpyJmnTMMNpJ1EUi5DTdji6nvjtR6o0i+W9GSc0EHggWcQINlZ66PqhyPwnlge9StWtuVOgZeIVpAoFGr3Kj9+PSSqoNIRjrbuem5ggw8owwmle9lNNE0xGeEC7lkosqA6y6cU5OrVKH0WxsiUNmqp/JzIstB6L0HYKbIZ60ZuI/3nd1ERXQcZkkhoqyWxRlHJkYjR5H/WZosTwsSWYKGZvRWSIFSbGhjS3JRS5zcRbTGCZtM5rnlvz7i6q9dsinRIcwwmcgQeXUIcbaEATCEh4gVd4c56dd+fD+Zy1rjjFzBHMwfn6BaLel5g=</latexit><latexit sha1_base64="H1BZqT806i3E9hkKpF15/sP2X4E=">AAACAHicbVA9SwNBEJ3zM8avqKXNYhCswp0IWgZsrCSC+cDcEfY2e8mS3b1jd08MxzX+Blut7cTWf2LpP3GTXGESHww83pthZl6YcKaN6347K6tr6xubpa3y9s7u3n7l4LCl41QR2iQxj1UnxJpyJmnTMMNpJ1EUi5DTdji6nvjtR6o0i+W9GSc0EHggWcQINlZ66PqhyPwnlge9StWtuVOgZeIVpAoFGr3Kj9+PSSqoNIRjrbuem5ggw8owwmle9lNNE0xGeEC7lkosqA6y6cU5OrVKH0WxsiUNmqp/JzIstB6L0HYKbIZ60ZuI/3nd1ERXQcZkkhoqyWxRlHJkYjR5H/WZosTwsSWYKGZvRWSIFSbGhjS3JRS5zcRbTGCZtM5rnlvz7i6q9dsinRIcwwmcgQeXUIcbaEATCEh4gVd4c56dd+fD+Zy1rjjFzBHMwfn6BaLel5g=</latexit><latexit sha1_base64="H1BZqT806i3E9hkKpF15/sP2X4E=">AAACAHicbVA9SwNBEJ3zM8avqKXNYhCswp0IWgZsrCSC+cDcEfY2e8mS3b1jd08MxzX+Blut7cTWf2LpP3GTXGESHww83pthZl6YcKaN6347K6tr6xubpa3y9s7u3n7l4LCl41QR2iQxj1UnxJpyJmnTMMNpJ1EUi5DTdji6nvjtR6o0i+W9GSc0EHggWcQINlZ66PqhyPwnlge9StWtuVOgZeIVpAoFGr3Kj9+PSSqoNIRjrbuem5ggw8owwmle9lNNE0xGeEC7lkosqA6y6cU5OrVKH0WxsiUNmqp/JzIstB6L0HYKbIZ60ZuI/3nd1ERXQcZkkhoqyWxRlHJkYjR5H/WZosTwsSWYKGZvRWSIFSbGhjS3JRS5zcRbTGCZtM5rnlvz7i6q9dsinRIcwwmcgQeXUIcbaEATCEh4gVd4c56dd+fD+Zy1rjjFzBHMwfn6BaLel5g=</latexit><latexit sha1_base64="H1BZqT806i3E9hkKpF15/sP2X4E=">AAACAHicbVA9SwNBEJ3zM8avqKXNYhCswp0IWgZsrCSC+cDcEfY2e8mS3b1jd08MxzX+Blut7cTWf2LpP3GTXGESHww83pthZl6YcKaN6347K6tr6xubpa3y9s7u3n7l4LCl41QR2iQxj1UnxJpyJmnTMMNpJ1EUi5DTdji6nvjtR6o0i+W9GSc0EHggWcQINlZ66PqhyPwnlge9StWtuVOgZeIVpAoFGr3Kj9+PSSqoNIRjrbuem5ggw8owwmle9lNNE0xGeEC7lkosqA6y6cU5OrVKH0WxsiUNmqp/JzIstB6L0HYKbIZ60ZuI/3nd1ERXQcZkkhoqyWxRlHJkYjR5H/WZosTwsSWYKGZvRWSIFSbGhjS3JRS5zcRbTGCZtM5rnlvz7i6q9dsinRIcwwmcgQeXUIcbaEATCEh4gVd4c56dd+fD+Zy1rjjFzBHMwfn6BaLel5g=</latexit>

<latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit><latexit sha1_base64="QHAWbdj9E1Ak0EXWIIBKLrE6JxM=">AAAB7HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa89FjBtIU2lM120y7d7IbdiVBCf4MXD4p49Qd589+4aXPQ1gcDj/dmmJkXpYIb9LxvZ2Nza3tnt7JX3T84PDqunZx2jMo0ZQFVQuleRAwTXLIAOQrWSzUjSSRYN5reF373iWnDlXzEWcrChIwljzklaKVggCqtDmt1r+Et4K4TvyR1KNEe1r4GI0WzhEmkghjT970Uw5xo5FSweXWQGZYSOiVj1rdUkoSZMF8cO3cvrTJyY6VtSXQX6u+JnCTGzJLIdiYEJ2bVK8T/vH6G8V2Yc5lmyCRdLooz4aJyi8/dEdeMophZQqjm9laXTogmFG0+RQj+6svrpHPd8L2G/3BTb7bKOCpwDhdwBT7cQhNa0IYAKHB4hld4c6Tz4rw7H8vWDaecOYM/cD5/AGZujms=</latexit>

<latexit sha1_base64="lwtekUUqSQReXC9b3pOXGXks+z4=">AAAB/nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD8gDWWz3bRLdzdhd6OUEPA3eNWzN/HqX/HoP3Hb5mBbHww83pthZl6YcKaN6347pbX1jc2t8nZlZ3dv/6B6eNTWcaoIbZGYx6obYk05k7RlmOG0myiKRchpJxzfTP3OI1WaxfLBTBIaCDyULGIEGyt1/V4osqc86Fdrbt2dAa0SryA1KNDsV396g5ikgkpDONba99zEBBlWhhFO80ov1TTBZIyH1LdUYkF1kM3uzdGZVQYoipUtadBM/TuRYaH1RIS2U2Az0sveVPzP81MTXQcZk0lqqCTzRVHKkYnR9Hk0YIoSwyeWYKKYvRWREVaYGBvRwpZQ5DYTbzmBVdK+qHtu3bu/rDXuinTKcAKncA4eXEEDbqEJLSDA4QVe4c15dt6dD+dz3lpyipljWIDz9QsaW5a+</latexit><latexit sha1_base64="lwtekUUqSQReXC9b3pOXGXks+z4=">AAAB/nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD8gDWWz3bRLdzdhd6OUEPA3eNWzN/HqX/HoP3Hb5mBbHww83pthZl6YcKaN6347pbX1jc2t8nZlZ3dv/6B6eNTWcaoIbZGYx6obYk05k7RlmOG0myiKRchpJxzfTP3OI1WaxfLBTBIaCDyULGIEGyt1/V4osqc86Fdrbt2dAa0SryA1KNDsV396g5ikgkpDONba99zEBBlWhhFO80ov1TTBZIyH1LdUYkF1kM3uzdGZVQYoipUtadBM/TuRYaH1RIS2U2Az0sveVPzP81MTXQcZk0lqqCTzRVHKkYnR9Hk0YIoSwyeWYKKYvRWREVaYGBvRwpZQ5DYTbzmBVdK+qHtu3bu/rDXuinTKcAKncA4eXEEDbqEJLSDA4QVe4c15dt6dD+dz3lpyipljWIDz9QsaW5a+</latexit><latexit sha1_base64="lwtekUUqSQReXC9b3pOXGXks+z4=">AAAB/nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD8gDWWz3bRLdzdhd6OUEPA3eNWzN/HqX/HoP3Hb5mBbHww83pthZl6YcKaN6347pbX1jc2t8nZlZ3dv/6B6eNTWcaoIbZGYx6obYk05k7RlmOG0myiKRchpJxzfTP3OI1WaxfLBTBIaCDyULGIEGyt1/V4osqc86Fdrbt2dAa0SryA1KNDsV396g5ikgkpDONba99zEBBlWhhFO80ov1TTBZIyH1LdUYkF1kM3uzdGZVQYoipUtadBM/TuRYaH1RIS2U2Az0sveVPzP81MTXQcZk0lqqCTzRVHKkYnR9Hk0YIoSwyeWYKKYvRWREVaYGBvRwpZQ5DYTbzmBVdK+qHtu3bu/rDXuinTKcAKncA4eXEEDbqEJLSDA4QVe4c15dt6dD+dz3lpyipljWIDz9QsaW5a+</latexit><latexit sha1_base64="lwtekUUqSQReXC9b3pOXGXks+z4=">AAAB/nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBiyepYD8gDWWz3bRLdzdhd6OUEPA3eNWzN/HqX/HoP3Hb5mBbHww83pthZl6YcKaN6347pbX1jc2t8nZlZ3dv/6B6eNTWcaoIbZGYx6obYk05k7RlmOG0myiKRchpJxzfTP3OI1WaxfLBTBIaCDyULGIEGyt1/V4osqc86Fdrbt2dAa0SryA1KNDsV396g5ikgkpDONba99zEBBlWhhFO80ov1TTBZIyH1LdUYkF1kM3uzdGZVQYoipUtadBM/TuRYaH1RIS2U2Az0sveVPzP81MTXQcZk0lqqCTzRVHKkYnR9Hk0YIoSwyeWYKKYvRWREVaYGBvRwpZQ5DYTbzmBVdK+qHtu3bu/rDXuinTKcAKncA4eXEEDbqEJLSDA4QVe4c15dt6dD+dz3lpyipljWIDz9QsaW5a+</latexit>
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<latexit sha1_base64="CY2Lqg8hr/isE/BRb9h/nfdbNxk=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaT23bo5MHMjVhCvsFvcKtrd+LWb3Dpnzhts7CtBy4czrmXczl+IrhC2/42VlbX1jc2S1vl7Z3dvX3z4LCl4lQyaLJYxLLjUwWCR9BEjgI6iQQa+gLa/uh24rcfQSoeRw84TsAL6SDifc4oaqlnHrsIT4iYqSFNIK+6LIjxvGdW7Jo9hbVMnIJUSIFGz/xxg5ilIUTIBFWq69gJehmVyJmAvOymChLKRnQAXU0jGoLysun7uXWmlcDqx1JPhNZU/XuR0VCpcejrzZDiUC16E/E/r5ti/9rLeJSkCBGbBfVTYWFsTbqwAi6BoRhrQpnk+leLDamkDHVjcyl+mOtOnMUGlknroubYNef+slK/KdopkRNySqrEIVekTu5IgzQJIxl5Ia/kzXg23o0P43O2umIUN0dkDsbXL8PEnHw=</latexit><latexit sha1_base64="CY2Lqg8hr/isE/BRb9h/nfdbNxk=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaT23bo5MHMjVhCvsFvcKtrd+LWb3Dpnzhts7CtBy4czrmXczl+IrhC2/42VlbX1jc2S1vl7Z3dvX3z4LCl4lQyaLJYxLLjUwWCR9BEjgI6iQQa+gLa/uh24rcfQSoeRw84TsAL6SDifc4oaqlnHrsIT4iYqSFNIK+6LIjxvGdW7Jo9hbVMnIJUSIFGz/xxg5ilIUTIBFWq69gJehmVyJmAvOymChLKRnQAXU0jGoLysun7uXWmlcDqx1JPhNZU/XuR0VCpcejrzZDiUC16E/E/r5ti/9rLeJSkCBGbBfVTYWFsTbqwAi6BoRhrQpnk+leLDamkDHVjcyl+mOtOnMUGlknroubYNef+slK/KdopkRNySqrEIVekTu5IgzQJIxl5Ia/kzXg23o0P43O2umIUN0dkDsbXL8PEnHw=</latexit><latexit sha1_base64="CY2Lqg8hr/isE/BRb9h/nfdbNxk=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaT23bo5MHMjVhCvsFvcKtrd+LWb3Dpnzhts7CtBy4czrmXczl+IrhC2/42VlbX1jc2S1vl7Z3dvX3z4LCl4lQyaLJYxLLjUwWCR9BEjgI6iQQa+gLa/uh24rcfQSoeRw84TsAL6SDifc4oaqlnHrsIT4iYqSFNIK+6LIjxvGdW7Jo9hbVMnIJUSIFGz/xxg5ilIUTIBFWq69gJehmVyJmAvOymChLKRnQAXU0jGoLysun7uXWmlcDqx1JPhNZU/XuR0VCpcejrzZDiUC16E/E/r5ti/9rLeJSkCBGbBfVTYWFsTbqwAi6BoRhrQpnk+leLDamkDHVjcyl+mOtOnMUGlknroubYNef+slK/KdopkRNySqrEIVekTu5IgzQJIxl5Ia/kzXg23o0P43O2umIUN0dkDsbXL8PEnHw=</latexit><latexit sha1_base64="CY2Lqg8hr/isE/BRb9h/nfdbNxk=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaT23bo5MHMjVhCvsFvcKtrd+LWb3Dpnzhts7CtBy4czrmXczl+IrhC2/42VlbX1jc2S1vl7Z3dvX3z4LCl4lQyaLJYxLLjUwWCR9BEjgI6iQQa+gLa/uh24rcfQSoeRw84TsAL6SDifc4oaqlnHrsIT4iYqSFNIK+6LIjxvGdW7Jo9hbVMnIJUSIFGz/xxg5ilIUTIBFWq69gJehmVyJmAvOymChLKRnQAXU0jGoLysun7uXWmlcDqx1JPhNZU/XuR0VCpcejrzZDiUC16E/E/r5ti/9rLeJSkCBGbBfVTYWFsTbqwAi6BoRhrQpnk+leLDamkDHVjcyl+mOtOnMUGlknroubYNef+slK/KdopkRNySqrEIVekTu5IgzQJIxl5Ia/kzXg23o0P43O2umIUN0dkDsbXL8PEnHw=</latexit>

<latexit sha1_base64="plVe+wZmMCePtGV4GwmDULR7ZG8=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaTSTt0ZhJmbsQS+g1+g1tduxO3foNL/8Rpm4VtPXDhcM59ccKUMw2u+22trK6tb2yWtsrbO7t7+/bBYUsnmSK0SRKeqE6INeVM0iYw4LSTKopFyGk7HN5O/PYjVZol8gFGKQ0E7ksWM4LBSD372Af6BAC5JpjTcdUnUQLnPbvi1twpnGXiFaSCCjR69o8fJSQTVALhWOuu56YQ5FgBI2Zt2c80TTEZ4j7tGiqxoDrIp++PnTOjRE6cKFMSnKn6dyLHQuuRCE2nwDDQi95E/M/rZhBfBzmTaQZUktmhOOMOJM4kCydiihLgI0MwUcz86pABVpiASWzuSijGJhNvMYFl0rqoeW7Nu7+s1G+KdEroBJ2iKvLQFaqjO9RATURQjl7QK3qznq1368P6nLWuWMXMEZqD9fULtT6ccw==</latexit><latexit sha1_base64="plVe+wZmMCePtGV4GwmDULR7ZG8=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaTSTt0ZhJmbsQS+g1+g1tduxO3foNL/8Rpm4VtPXDhcM59ccKUMw2u+22trK6tb2yWtsrbO7t7+/bBYUsnmSK0SRKeqE6INeVM0iYw4LSTKopFyGk7HN5O/PYjVZol8gFGKQ0E7ksWM4LBSD372Af6BAC5JpjTcdUnUQLnPbvi1twpnGXiFaSCCjR69o8fJSQTVALhWOuu56YQ5FgBI2Zt2c80TTEZ4j7tGiqxoDrIp++PnTOjRE6cKFMSnKn6dyLHQuuRCE2nwDDQi95E/M/rZhBfBzmTaQZUktmhOOMOJM4kCydiihLgI0MwUcz86pABVpiASWzuSijGJhNvMYFl0rqoeW7Nu7+s1G+KdEroBJ2iKvLQFaqjO9RATURQjl7QK3qznq1368P6nLWuWMXMEZqD9fULtT6ccw==</latexit><latexit sha1_base64="plVe+wZmMCePtGV4GwmDULR7ZG8=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaTSTt0ZhJmbsQS+g1+g1tduxO3foNL/8Rpm4VtPXDhcM59ccKUMw2u+22trK6tb2yWtsrbO7t7+/bBYUsnmSK0SRKeqE6INeVM0iYw4LSTKopFyGk7HN5O/PYjVZol8gFGKQ0E7ksWM4LBSD372Af6BAC5JpjTcdUnUQLnPbvi1twpnGXiFaSCCjR69o8fJSQTVALhWOuu56YQ5FgBI2Zt2c80TTEZ4j7tGiqxoDrIp++PnTOjRE6cKFMSnKn6dyLHQuuRCE2nwDDQi95E/M/rZhBfBzmTaQZUktmhOOMOJM4kCydiihLgI0MwUcz86pABVpiASWzuSijGJhNvMYFl0rqoeW7Nu7+s1G+KdEroBJ2iKvLQFaqjO9RATURQjl7QK3qznq1368P6nLWuWMXMEZqD9fULtT6ccw==</latexit><latexit sha1_base64="plVe+wZmMCePtGV4GwmDULR7ZG8=">AAACDXicbVDLSsNAFJ34rPUVFVdugkWom5KIoMuiG5cV7AOaUCaTSTt0ZhJmbsQS+g1+g1tduxO3foNL/8Rpm4VtPXDhcM59ccKUMw2u+22trK6tb2yWtsrbO7t7+/bBYUsnmSK0SRKeqE6INeVM0iYw4LSTKopFyGk7HN5O/PYjVZol8gFGKQ0E7ksWM4LBSD372Af6BAC5JpjTcdUnUQLnPbvi1twpnGXiFaSCCjR69o8fJSQTVALhWOuu56YQ5FgBI2Zt2c80TTEZ4j7tGiqxoDrIp++PnTOjRE6cKFMSnKn6dyLHQuuRCE2nwDDQi95E/M/rZhBfBzmTaQZUktmhOOMOJM4kCydiihLgI0MwUcz86pABVpiASWzuSijGJhNvMYFl0rqoeW7Nu7+s1G+KdEroBJ2iKvLQFaqjO9RATURQjl7QK3qznq1368P6nLWuWMXMEZqD9fULtT6ccw==</latexit>

<latexit sha1_base64="Ai0jN0NKrjZUAkDxh3qYE0aNDow=">AAACCnicbVDLSsNAFJ34rPUV69JNsAiuSiKCLgtuXFaxD2hCmUxu2qEzSZiZaEvIH/gNbnXtTtz6Ey79EydtFrb1wIXDOfdyLsdPGJXKtr+NtfWNza3tyk51d2//4NA8qnVknAoCbRKzWPR8LIHRCNqKKga9RADmPoOuP74p/O4jCEnj6EFNE/A4HkY0pAQrLQ3MmvtEA1CUBZC5Ps8meT4w63bDnsFaJU5J6qhEa2D+uEFMUg6RIgxL2XfsRHkZFooSBnnVTSUkmIzxEPqaRpiD9LLZ77l1ppXACmOhJ1LWTP17kWEu5ZT7epNjNZLLXiH+5/VTFV57GY2SVEFE5kFhyiwVW0URVkAFEMWmmmAiqP7VIiMsMFG6roUUnxedOMsNrJLORcOxG87dZb15X7ZTQSfoFJ0jB12hJrpFLdRGBE3QC3pFb8az8W58GJ/z1TWjvDlGCzC+fgES6puv</latexit><latexit sha1_base64="Ai0jN0NKrjZUAkDxh3qYE0aNDow=">AAACCnicbVDLSsNAFJ34rPUV69JNsAiuSiKCLgtuXFaxD2hCmUxu2qEzSZiZaEvIH/gNbnXtTtz6Ey79EydtFrb1wIXDOfdyLsdPGJXKtr+NtfWNza3tyk51d2//4NA8qnVknAoCbRKzWPR8LIHRCNqKKga9RADmPoOuP74p/O4jCEnj6EFNE/A4HkY0pAQrLQ3MmvtEA1CUBZC5Ps8meT4w63bDnsFaJU5J6qhEa2D+uEFMUg6RIgxL2XfsRHkZFooSBnnVTSUkmIzxEPqaRpiD9LLZ77l1ppXACmOhJ1LWTP17kWEu5ZT7epNjNZLLXiH+5/VTFV57GY2SVEFE5kFhyiwVW0URVkAFEMWmmmAiqP7VIiMsMFG6roUUnxedOMsNrJLORcOxG87dZb15X7ZTQSfoFJ0jB12hJrpFLdRGBE3QC3pFb8az8W58GJ/z1TWjvDlGCzC+fgES6puv</latexit><latexit sha1_base64="Ai0jN0NKrjZUAkDxh3qYE0aNDow=">AAACCnicbVDLSsNAFJ34rPUV69JNsAiuSiKCLgtuXFaxD2hCmUxu2qEzSZiZaEvIH/gNbnXtTtz6Ey79EydtFrb1wIXDOfdyLsdPGJXKtr+NtfWNza3tyk51d2//4NA8qnVknAoCbRKzWPR8LIHRCNqKKga9RADmPoOuP74p/O4jCEnj6EFNE/A4HkY0pAQrLQ3MmvtEA1CUBZC5Ps8meT4w63bDnsFaJU5J6qhEa2D+uEFMUg6RIgxL2XfsRHkZFooSBnnVTSUkmIzxEPqaRpiD9LLZ77l1ppXACmOhJ1LWTP17kWEu5ZT7epNjNZLLXiH+5/VTFV57GY2SVEFE5kFhyiwVW0URVkAFEMWmmmAiqP7VIiMsMFG6roUUnxedOMsNrJLORcOxG87dZb15X7ZTQSfoFJ0jB12hJrpFLdRGBE3QC3pFb8az8W58GJ/z1TWjvDlGCzC+fgES6puv</latexit><latexit sha1_base64="Ai0jN0NKrjZUAkDxh3qYE0aNDow=">AAACCnicbVDLSsNAFJ34rPUV69JNsAiuSiKCLgtuXFaxD2hCmUxu2qEzSZiZaEvIH/gNbnXtTtz6Ey79EydtFrb1wIXDOfdyLsdPGJXKtr+NtfWNza3tyk51d2//4NA8qnVknAoCbRKzWPR8LIHRCNqKKga9RADmPoOuP74p/O4jCEnj6EFNE/A4HkY0pAQrLQ3MmvtEA1CUBZC5Ps8meT4w63bDnsFaJU5J6qhEa2D+uEFMUg6RIgxL2XfsRHkZFooSBnnVTSUkmIzxEPqaRpiD9LLZ77l1ppXACmOhJ1LWTP17kWEu5ZT7epNjNZLLXiH+5/VTFV57GY2SVEFE5kFhyiwVW0URVkAFEMWmmmAiqP7VIiMsMFG6roUUnxedOMsNrJLORcOxG87dZb15X7ZTQSfoFJ0jB12hJrpFLdRGBE3QC3pFb8az8W58GJ/z1TWjvDlGCzC+fgES6puv</latexit>
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Figure 2.3: Model architecture. The proposed model takes chest radiographs and
demographic information as inputs and outputs survival probabilities. The encoder
(DenseNet-121) extracts information from the images, which is then combined with
demographic information as inputs to the survival model.

12



2. Deep Survival Models Can Improve Long-Term Mortality Risk Estimates from
Chest Radiographs

The survival models are adopted from the auton-survival Python package [43].

A deep neural network version of Cox proportional hazards (DCPH) and DSM are used

alternatively. They take the vector representation of chest X-rays and demographic

data as inputs and output risk scores for certain time horizons. In this study, we

predicted 2-year, 5-year, and 10-year mortality.

We compared the proposed models with a common approach from the literature,

such as CXR-risk in Lu et al. [36], which is to train a model to predict mortality for

a fixed time horizon. We denote such a model as Thresholded Binary Classification

(TBC). In TBC, the time-to-event outcome is binarized to a label representing survival

beyond t years from the time the X-ray was obtained, Y = 1{T > t}. Specifically,
cases where censoring or survival times are longer than t are classified as “survived”,

and non-censored cases where the times are shorter than or equal to t are classified

as “dead”. The rest, where the times are shorter than t and censored, are ignored.

The number of samples in each category is summarized in Table 2.2.

In order to compare whether survival models were a better alternative than a

binary classifier, TBC was built in the same way as Fig. 2.3, except that the survival

model was replaced with a multilayer perceptron. The number of layers was tuned

with a validation dataset, and additional details are presented in Appendix A.5.

Time (Years) Survived Dead Ignored

2 88,376 907 0

5 85,245 4,398 0

10 77,350 12,293 0

20 4,458 26,560 58,615

Table 2.2: The number of samples in each category.

A hyperparameter search was performed by finding model configurations that

minimized the mean Brier score for 2-, 5-, and 10-year time horizons in the validation

dataset. Additional implementation details are presented in Appendix A.5.
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2.3 Results

The number of patients at risk before different times, defined as those who have

censoring or survival times greater than the corresponding time, is shown in Table

2.3.

Time (years) 0 2 5 10 15 20

Number of patients at risk 25,433 25,139 24,373 22,500 18,121 3,155

Table 2.3: Number of patients at risk before 0, 2, 5, 10, 15, and 20 years.

The performance of each model measured with the Brier score, concordance

index, AUC, and ECE for 2-year, 5-year, and 10-year time horizons is summarized in

Table 2.4. Two-sample t-tests were performed to compare the performance of TBC

and DSM, and the performance of TBC and DCPH. Calibration curves plotted with

linear and logarithmic scales are shown in Figure 2.4.

Model Brier Score

2-year 5-year 10-year

TBC
0.0354 0.0555 0.1028

(0.0342, 0.0366) (0.0535, 0.0575) (0.0994, 0.1062)

DSM

0.0132 0.0455 0.1016

(0.0117, 0.0148) (0.0427, 0.0482) (0.0987, 0.1045)

1.9309× 10−40 4.1050× 10−8 0.2999

DCPH

0.0132 0.0456 0.1015

(0.0116, 0.0147) (0.0429, 0.0484) (0.0985, 0.1045)

1.3310× 10−40 6.8380× 10−8 0.2877

Model Concordance Index

2-year 5-year 10-year

TBC
0.7746 0.7562 0.7541
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(0.7473, 0.8018) (0.7403, 0.7721) (0.7456, 0.7626)

DSM

0.7959 0.7681 0.7595

(0.7684, 0.8234) (0.7540, 0.7822) (0.7504, 0.7685)

0.1412 0.1375 0.2002

DCPH

0.7920 0.7658 0.7604

(0.7658, 0.8182) (0.7522, 0.7794) (0.7511, 0.7697)

0.1839 0.1853 0.1647

Model AUC

2-year 5-year 10-year

TBC
0.7766 0.7623 0.7724

(0.7491, 0.8040) (0.7461, 0.7785) (0.7630, 0.7819)

DSM

0.7981 0.7748 0.7782

(0.7703, 0.8260) (0.7604, 0.7892) (0.7684, 0.7880)

0.1408 0.1305 0.2049

DCPH

0.7943 0.7725 0.7793

(0.7679, 0.8208) (0.7587, 0.7863) (0.7695, 0.7890)

0.1811 0.1749 0.1643

Model ECE

2-year 5-year 10-year

TBC
0.1126 0.0747 0.0216

(0.1102, 0.1149) (0.0718, 0.0776) (0.0182, 0.0250)

DSM

0.0052 0.0110 0.0152

(0.0038, 0.0067) (0.0080, 0.0141) (0.0119, 0.0185)

5.4185× 10−90 2.4773× 10−51 0.0047

DCPH

0.0043 0.0089 0.0135

(0.0032, 0.0054) (0.0066, 0.0113) (0.0100, 0.0169)

5.3225× 10−93 2.5831× 10−57 0.0007
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Table 2.4: Brier score, concordance index, AUC, and ECE evaluated on test dataset
with bootstrapping. Best performances are in bold. The 95% confidence intervals are
shown in parentheses. TBC (baseline model) performed the worst. P-values for the
two-sample t-tests between TBC and DSM and between TBC and DCPH are shown
under confidence intervals. p-values lower than 0.05 are in bold.

0.0 0.2 0.4 0.6 0.8 1.0
Predicted probability

0.0

0.2

0.4

0.6

0.8

1.0

Tr
ue

 p
ro

ba
bi

lit
y

TBC, 2-year
TBC, 5-year
TBC, 10-year
DCPH, 2-year
DCPH, 5-year
DCPH, 10-year
DSM, 2-year
DSM, 5-year
DSM, 10-year

1004 × 10 1 6 × 10 1

Predicted probability

0.3

0.4

0.5

0.6

0.7

0.8

0.9

1.0

Tr
ue

 p
ro

ba
bi

lit
y

Calibration plot

Figure 2.4: Calibration plots for TBC, DCPH, and DSM at 2-year, 5-year, and 10-year
time horizons, with 95% confidence intervals (left: linear scale, right: logarithmic
scale). TBC calibration at 2-year and 5-year time horizons is significantly worse than
the proposed alternatives.

DSM and DCPH perform no worse than TBC with respect to the Brier score,

concordance index, AUC, and ECE. In particular, they perform significantly better

on shorter-horizon (2-year and 5-year) Brier scores and calibration. The 2-year and

5-year Brier scores of TBC are 0.0354 and 0.0555, whereas those of DSM are 0.0132

and 0.0455 and those of DCPH are 0.0132 and 0.0456. The 2-year, 5-year, and

10-year ECEs of TBC are 0.1126, 0.0747, and 0.0216, whereas those of DSM are

0.0052, 0.0110, and 0.0152 and those of DCPH are 0.0043, 0.0089, 0.0135. The
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calibration curves for 2-year and 5-year TBC also significantly deviate from the

perfectly calibrated line, compared to other curves. One reason why TBC performs

significantly worse at 2-year and 5-year time horizons than at the 10-year time horizon

might be that there are significantly more imbalances in the target, as shown in

Table 2.2. Techniques for alleviating this problem are available, such as tuning the

classification threshold and monotonically transforming predicted probabilities based

on isotonic regression [44]. These results suggest that the proposed models offer

improved discriminative performance and calibration when compared to a commonly

used binary model.

Kaplan–Meier curves obtained using the test dataset are shown in Figure 2.5. The

blue curve is obtained by using the ground-truth time-to-event. The rest shows the

predicted survival probabilities averaged over the test dataset, using DSM, DCPH, and

TBC. The models are evaluated at 1-, 2-, 3-, 5-, 10-, 15-, and 20-year time horizons.

DSM and DCPH provide curves that match the ground-truth Kaplan–Meier curve

more closely than TBC, especially at longer time horizons. The survival probabilities

predicted by TBC deviate from the ground truth much more at the 20-year time

horizon than at other time horizons. One reason might be that at the 20-year time

horizon, most samples were ignored (Table 2.2).
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Figure 2.5: The Kaplan–Meier curve obtained from each patient in the test dataset,
plotted with the ground–truth time-to-event, and average predicted survival probabil-
ities at each time horizon using TBC, DSM, and DCPH. DSM and DCPH provide
more accurate estimations.

DSM does not show significantly improved performance when compared to DCPH.

This suggests that, with regard to the dataset we used, the assumption of proportional

hazards does not substantially impact predictive power and suggests that there is no

substantial prognostic value in non-proportional hazards.

2.4 Discussion

We demonstrated that deep learning survival models that use time-to-event and

censor indicators can offer more flexibility and perform better at predicting long-term

mortality than commonly used binary classifiers, in terms of Brier score and ECE, on

multiple time horizons.

Patient risk prediction from imaging data using deep learning is traditionally per-

formed with a binary mortality outcome variable, not accounting for censored outcomes.

Lu et al. [36] demonstrated that CNNs have the prognostic capability to assess a
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patient’s risk of morality over long time horizons (12 years) in a large cohort of

patients from the Prostate, Lung, Colorectal, and Ovarian (PLCO) cancer screening

trial [2]. They further validated their estimated risk score on an internal held-out

set as well as on an external study, the National Lung Screening Trial (NLST).

Other studies applied similar techniques to multiple contexts and various time hori-

zons. [10, 32, 38, 48, 50]. For instance, Kolossváry et al. [32] used deep learning

to predict 30-day all-cause mortality using chest radiographs. Raghu et al. [50]

estimated postoperative mortality (30-day mortality and in-hospital mortality) after

cardiac surgeries using preoperative chest X-rays.

As shown in the TBC study, a model needs to be trained on each of the time

horizons of interest. It appears that these models do not necessarily reach the

attainable performance, possibly due to not considering censoring information and the

time-varying effects of covariates. Survival analysis (DSM and DCPH) can incorporate

these factors natively.

CPH is a semiparametric method that requires no predefined probability function

to represent survival times, but assumes proportional hazards. It estimates the

hazard, which is defined as the instantaneous probability that an event will occur.

DeepSurv [30] is a deep learning framework based on CPH. The hazard function in

DeepSurv is determined by the parameters of a trained deep neural network.

DSM adds flexibility by modeling the survival distribution as a mixture of multiple

component distributions. It assumes that each component distribution is parametric,

and does not assume proportional hazards. The parameters of each component and

mixture weights are learned from data using neural networks. The individual survival

distribution is estimated as an average of the learned distributions weighted by the

learned mixture weights.

We expected that DSM would perform better than DCPH, since it imposes

fewer assumptions. However, in the specific case of the PLCO dataset, relaxing the

assumption of proportional hazards does not appear to yield additional benefits, since

the performances of DSM and DCPH are comparable.

Our study has limitations. For instance, as shown in Table 2.1, 50% of patients are

between 58 and 73 years of age, and only 12.68% are non-White. Therefore, those who

are younger and non-White may not be adequately represented in the training data,

resulting in a bias toward those who are older and White, and potentially impacting
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the models’ effectiveness in promoting patient care uniformly across subpopulations.

Further studies are needed to assess the performance of the proposed models when

used on populations of different ages and races than those represented in the data

used in the current study.

One of our future steps involves the application of the proposed models to

counterfactual phenotyping, where groups of individuals belong to underlying clusters

and demonstrate heterogeneous treatment effects [42]. This may provide insights into

measuring the distinctive effects of interventions on certain subgroups of patients and

enable personalized interventions that lead to optimal outcomes.
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Chapter 3

Machine Learning Identifies

Patients Who Derive Survival

Benefit from Coronary

Revascularization

3.1 Introduction

Coronary artery bypass grafting (CABG) has been a cornerstone in the treatment

of patients with coronary artery disease for decades [17, 59]. However, controversy

has arisen about the role of CABG in patients with stable ischemic heart disease

[4, 17, 37, 54, 57]. Although CABG is associated with a short-term increased risk of

adverse events, including death, a recent, modern meta-analysis suggests a potential

survival benefit from CABG plus optimal medical therapy (OMT) versus OMT alone

[17]. These results, along with notable advances in CABG patient care that allow

low perioperative mortality rates [4, 15], suggest that more scrutiny is warranted to

determine which patients are best suited for revascularization with CABG.

Machine learning (ML) is a rapidly emerging technology that can help determine

the optimal treatment strategy for patients with coronary artery disease [45]. A

recently developed ML algorithm, Cox Mixtures with Heterogeneous Effects (CMHE),
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utilizes survival data to estimate treatment effects in individual patients [41]. In

particular, the algorithm uses deep learning architectures to stratify patients according

to the predicted survival benefit (or detriment) based on patient characteristics.

However, to date, CMHE has not been used to optimize the revascularization strategy

in patients with stable coronary artery disease. Using machine learning, our aim was to

discover which patients are the most likely to benefit from coronary revascularization

and test model predictions on a separate cohort of patients who underwent surgical

revascularization at a single tertiary medical center.

3.2 Methods

3.2.1 Data

Data from the Bypass Angioplasty Revascularization Investigation in Type 2 Diabetes

(BARI2D) randomized trial was included for training and validation of the CMHE

model [24]. The BARI2D data includes baseline characteristics and survival data

from 2,368 patients with type 2 diabetes and stable coronary artery disease who were

randomly assigned to a prompt revascularization with OMT (R+OMT, n=1,176,

49.7%) or OMT alone (n=1,192, 50.3%). Prior to randomization, patients were

stratified to be appropriate candidates for either percutaneous coronary intervention

(PCI, n=1,605, 66.4%) or CABG (n=763, 33.6%) based on coronary angiography.

The baseline characteristics of the BARI2D patients are included in Table 3.1. All

data from the BARI2D study was used for CMHE model training and validation. A

second CMHE model trained using only patients who underwent CABG could not be

created due to too few patients in the CABG stratum in the BARI2D study.

External model testing was performed using a single-institutional cohort of patients

with diabetes mellitus who underwent elective CABG. A total of 1,507 patients who

met these criteria underwent CABG between 2010 and 2024. Of these, 162 (10.7%)

were excluded due to missing survival data, resulting in a total cohort of 1,345 patients.

The baseline and operative characteristics are included in Table 3.1. Among both

databases, there were 14 features that were present within both the BARI2D and the

institutional data. The CMHE models developed in this study were generated using

these 14 features. The baseline feature values between the datasets are presented in
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Table 3.1.

Feature BARI2D Dataset CABG Dataset p-value

Congestive heart failure 6.6% [156/2348] 9.5% [128/1345] 0.002
Ejection fraction <50% 16.9 % [400/2368] 30.6% [411/1345] < 0.001
Hispanic 12.5% [297/2368] 0.7% [9/1345] < 0.001
Hyperlipidemia 81.9% [1913/2336] 95.7% [1287/1345] < 0.001
Hypertension 82.5% [1929/2337] 95.5 % [1284/1345] < 0.001
Myocardial infarction 32.0% [746/2328] 52.0% [699/1345] < 0.001
Race (white) 70.4% [1666/2368] 94.3% [1269/1345] < 0.001
Recent alcohol use 23.7% [561/2368] 54.7% [736/1345] < 0.001
Recent smoker 12.5% [295/2368] 20.1% [270/1345] < 0.001
Sex (female) 29.6% [702/2368] 26.9% [362/1345] 0.083
Age (years) 61.9 ± 8.8 64.5 ± 9.09 < 0.001
Body mass index 31.7 ± 5.8 31.8 ± 6.3 0.564
Creatinine (mg/dL) 1.0 ± 0.3 1.3 ± 1.1 < 0.001
Hemoglobin A1C (%) 7.6 ± 1.6 7.5 ± 1.5 0.002

Table 3.1: Feature comparisons between BARI2D clinical trial data and a single-
institutional dataset of patients with diabetes mellitus undergoing coronary artery
bypass grafting.

3.2.2 Model Training

Two outcome variables were evaluated: overall survival (OS) and major adverse

cardiac and cerebrovascular events (MACCE). MACCE was defined according to

the definition of the Society of Thoracic Surgeons (STS) as the composite of death,

stroke, myocardial infarction, or ischemia-driven re-revascularization . The BARI2D

model for predicting MACCE outcomes was created using the outcome of the major

cardiovascular events (MCE) of BARI2D, which includes a combination of death,

myocardial infarction or stroke. CMHE models censored the data from time to

event by assuming that an individual’s survival outcome depends on baseline survival

rates and the treatment effect. Using deep learning, the model employs an encoder

to learn representations of latent phenogroups based on observed covariates. It

then estimates the individual-level survival curve under the intervention, therefore

recovering subgroups of patients that respond differentially to the intervention.

Using BARI2D data, CMHE models were trained based on time-to-event for OS
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or MACCE following revascularization with either PCI or CABG. The model output

predicts whether patients are more likely to benefit from R+OMT or OMT alone.

3.2.3 Model Testing

Using the CMHE model, patients in the BARI2D and institutional datasets were

stratified into phenogroups 1 and 2, based on the predicted response to revascular-

ization, with phenogroup 1 likely to benefit from R+OMT, while phenogroup 2 was

more likely to benefit from OMT alone. Kaplan-Meier survival curves were generated

and compared using hazard ratios and rank likelihood tests. The demographic data

of the patients between the phenogroups were compared using t-tests and chi-squared

tests for continuous and categorical variables, respectively.

3.3 Results

The CMHE model trained on BARI2D overall survival data identified two distinct

phenogroups based on response to revascularization. Phenogroup 1 (n = 966, 40.8%)

was more likely to receive benefit from revascularization (HR = 0.60, p = 0.003),

whereas phenogroup 2 (n = 1, 402, 59.2%) was more likely to be harmed (HR =

1.55, p = 0.007). Patients in phenogroup 1 and phenogroup 2 in BARI2D who

underwent revascularization experienced similar Kaplan-Meier survival (p = 0.407,

Figure 3.1). Phenogroup 1 patients were older (64.0 ± 8.5 versus 60.5 ± 8.7 years,

p < 0.001), more often female (44.2% [427/966] versus 19.6% [275/1,402], p < 0.001),

and had higher HbA1C (8.1± 1.7 versus 7.3± 1.5, p < 0.001, Table 3.2).

When applied to a dataset of patients undergoing elective CABG, patients in

phenogroup 1 (n = 303, 39.8%) had similar Kaplan-Meier survival compared to

phenogroup 2 (n = 1, 042, 60.2%,HR = 1.00, p = 0.433, Figure 3.1) and similar

operative mortality compared to phenogroup 2 (1.7% [5/303] versus 1.2% [13/1,042],

p = 0.800). Patients in phenogroup 1 also had a higher STS predicted risk of mortality

(2.0± 2.1% versus 1.2± 1.2%, p < 0.001).

CMHE assumes that conditional on the latent group, individual time-to-event

distributions obey proportional hazards. We note that for the BARI2D dataset, in

phenogroup 1, proportional hazards does not hold for hyperlipidemia (p = 0.024)
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and ejection fraction <50% (p = 0.054, and in phenogroup 2, it does not hold for

age (p = 0.021). For the CABG dataset, in phenogroup 1, proportional hazards

does not hold for hypertension (p = 0.040) and body mass index (p = 0.019), and in

phenogroup 2, it does not hold for race (p = 0.013).

3.4 Discussion

Randomized controlled trials have long been the gold standard for evidence-based

practice in medicine, including cardiovascular medicine as it relates to coronary

revascularization [34]. However, clinical trials necessarily group diverse populations

of patients with differing baseline characteristics to identify broad treatment recom-

mendations, but within these populations, there may be subgroups of patients with

differing response to treatment, a concept referred to as “heterogeneous treatment

effect” and is defined in the Predictive Approaches to Treatment Effect Heterogeneity

Statement (PATH) [1, 31]. Performing a separate randomized controlled trial in all

possible subpopulations would be prohibitively costly and impractical. Thus, ML

techniques can help to discover these phenogroups and thus allow for a more person-

alized treatment approach for individual patients[31, 41, 45, 46]. The CMHE ML

algorithm was developed with the aim of discovering phenogroups with heterogeneous

treatment effects in time-to-event data, making it ideal for applying personalized

recommendations to prolong survival in patients who may be considered for coronary

revascularization[41]. In the present study, a CMHE model was trained using data

from the BARI2D randomized controlled trial, and the phenogroups were applied

to a separate data set of patients who underwent CABG at a single large tertiary

medical center between 2011-2024.

Note that the assumption of CMHE does not hold for some variables, and there are

other algorithms for causal survival analysis that might be applicable. Causal Survival

Forest [14] estimates the conditional average treatment effect on the survival time, by

adapting the causal forest algorithm [3] to right-censored data. Bo et al. propose

a causal meta-learning approach that estimates individualized treatment effect by

extending T-learner and X-learner. Multiple Imputation for Survival Treatment

Response [39] handles instrumental variables and heavy censoring using ecursively

imputed survival trees. Chapfuwa et al. [9] propose a generative model that adjusts
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for informative censoring and a nonparametric hazard ratio metric for evaluating

average and individualized treatment effects.

3.5 Conclusion

ML can help elucidate which patients are likely to benefit from revascularization

versus optimal medical therapy alone. Interestingly, patients in phenogroup 1, who

are expected to experience a long-term survival benefit from revascularization based

on the CMHE ML model, had a significantly higher STS predicted risk of operative

mortality compared to phenogroup 2. Despite the increased perioperative risk, survival

rates did not differ significantly between the two phenogroups. These results highlight

the potential for this and other ML models to complement the STS risk prediction

model, improving preoperative decision-making about optimal treatment selection for

patients with coronary artery disease.

This study illustrates that valuable insights can be gained even from trials deemed

negative or inconclusive by regulatory standards, such as the BARI2D study, which

reported no significant difference in the rates of death between patients receiving

prompt revascularization and those treated with OMT [24]. Importantly, machine

learning models such as CMHE provide a more nuanced, individualized approach to

treatment evaluation. Unlike conventional tools such as the STS risk score, which lacks

transparency in its methodology, CMHE supports counterfactual reasoning, enabling

personalized estimates of treatment benefit, and is available as an open-source tool,

promoting reproducibility and further research.
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Figure 3.1: Kaplan-Meier survival curves. (Left) shows survival estimates for two
phenogroups of BARI2D patients identified using the Cox Mixtures with Heteroge-
neous Effects machine learning (ML) model based on survival response to revascu-
larization. (Right) shows this same model applied to an institutional database of
patients who underwent coronary artery bypass grafting (CABG). This plot shows
that long-term survival does not significantly differ between phenogroups, despite a
higher baseline predicted risk of mortality in phenogroup 1. These results indicate
phenogroup 1 patients may have derived particular benefit from revascularization
with CABG, as predicted by the ML model.
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Feature Phenogroup 1 Phenogroup 2 p-value
BARI2D Dataset

Congestive heart failure 7.4% [71/957] 6.1% [85/1391] 0.243
Ejection fraction <50% 16.7% [157/939] 18.0% [243/1351] 0.466
Hispanic 19.7% [190/966] 7.6% [107/1402] <0.001
Hyperlipidemia 82.0% [171/951] 81.8% [1133/1385] 0.938
Hypertension 84.5% [148/954] 81.2% [1123/1383] 0.045
Myocardial infarction 25.5% [251/948] 35.9% [495/1380] <0.001
Race (white) 56.6% [547/966] 79.8% [1119/1402] <0.001
Recent alcohol use 4.2% [40/956] 37.3% [521/1395] <0.001
Recent smoker 2.7% [26/966] 19.2% [269/1402] <0.001
Sex (female) 44.2% [427/966] 19.6% [275/1402] <0.001
Age (years) 64.0 ± 8.6 60.5 ± 8.7 <0.001
Body mass index 28.3 ± 3.6 34.1 ± 5.8 <0.001
Creatinine (mg/dL) 1.1 ± 0.3 1.0 ± 0.3 0.230
Hemoglobin A1C (%) 8.1 ± 1.7 7.3 ± 1.4 <0.001

CABG Dataset

Congestive heart failure 27.1% [82/303] 19.3% [201/1042] <0.001
Ejection fraction <50% 34.3% [104/303] 29.5% [307/1042] 0.122
Hispanic 1.3% [4/303] 0.5% [5/1037] 0.238
Hyperlipidemia 94.0% [285/303] 96.2% [1003/1042] 0.154
Hypertension 93.7% [284/303] 96.9% [1000/1042] 0.136
Myocardial infarction 48.2% [146/303] 53.1% [553/1042] 0.152
Race (white) 92.1% [270/303] 95.0% [990/1042] 0.071
Recent alcohol use 15.2% [46/303] 66.2% [690/1042] <0.001
Recent smoker 3.0% [9/303] 25.0% [261/1042] <0.001
Sex (female) 34.3% [133/303] 22.0% [229/1042] <0.001
Age (years) 67.8 ± 9.1 63.6 ± 8.9 <0.001
Body mass index 27.0 ± 3.8 33.2 ± 6.2 <0.001
Creatinine (mg/dL) 1.6 ± 1.7 1.2 ± 0.8 <0.001
Hemoglobin A1C (%) 7.7 ± 1.6 7.4 ± 1.5 0.002
STS Predicted Mortality (%) 2.0 ± 2.1 1.2 ± 1.2 <0.001
Operative Mortality 1.7% [5/303] 1.2% [13/1029] 0.800

Table 3.2: Feature comparisons between phenogroups for BARI2D clinical trial
data and a single-institutional dataset of patients with diabetes mellitus undergoing
coronary artery bypass grafting.
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Chapter 4

Conclusions and Future Work

4.1 Summary of Contributions

This thesis demonstrates the power and versatility of survival-based machine learning

approaches in tackling two clinically important but distinct challenges: personalized

risk prediction from chest radiographs and individualized treatment effect estimation

for coronary revascularization. In the first study, we showed that time-to-event

models, when combined with imaging and demographic data, can generate flexible,

accurate, and well-calibrated mortality risk predictions, overcoming the limitations of

fixed-horizon binary classifiers. In the second study, we extended the utility of survival

analysis to treatment decision making by identifying subpopulations of patients with

stable ischemic heart disease who derive the most benefit from coronary artery bypass

grafting. Using a heterogeneous treatment effect model (CMHE), we moved beyond

average treatment effects to support individualized, data-driven clinical choices.

Together, these works underscore the importance of modeling time explicitly and

accounting for censoring in real-world health data. They also highlight the growing

role of deep learning in integrating high-dimensional inputs such as medical imaging

with survival analysis for both prognosis and treatment optimization. Future work

could expand these models to larger, multi-center datasets; incorporate additional

modalities such as electronic health records and genomic data; and explore deployment

in clinical workflows to support dynamic, personalized decision-making. Ultimately,

this thesis contributes to the broader goal of building intelligent systems that can
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improve patient outcomes through precision medicine.

4.2 Future Research Opportunities

Building upon this work, several promising avenues can be explored to further advance

survival prediction.

1. Improving Fairness and Generalizability Across Populations: the

studies highlight potential demographic imbalances in training data, particularly

with respect to age and race, which can limit the generalizability of the models to

underrepresented sub-populations. Future work should explore model retraining

and evaluation using datasets that are more demographically diverse, and

integrate fairness-aware modeling techniques to reduce bias in risk and treatment

predictions across subgroups.

2. Integration of Time-Varying and Longitudinal Data: Current models

primarily use static snapshots of patient data (e.g., a single radiograph or

baseline clinical characteristics). Future directions could include incorporating

longitudinal imaging, laboratory values, or EHR-derived time series data to

capture evolving patient risk and improve predictions over time using dynamic

survival models or recurrent neural architectures.
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Appendix A

Deep Survival Models Can Improve

Long-Term Mortality Risk

Estimates from Chest Radiographs

A.1 Censoring and Time-to-Event Predictions

We are interested in estimating P(T < t|X), the risk of a patient experiencing

mortality within a time horizon t ∈ R+, given a chest radiograph x ∈ Rd×d and a

set of demographic covariates g ∈ Rm . We assume that observations on T can be

right-censored, which means that the observation is terminated before death occurs.

Censoring makes it challenging to learn an estimator of survival. As evidenced

in Figure A.1, the censored patients need to be accounted for to obtain an unbiased

estimate of patient survival. Standard survival models such as the Cox model make

strong assumptions about the distribution of the event times. Hence, they cannot

generalize to situations where the assumptions are violated (Figure A.2).
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Figure A.1: Censoring and Time-to-Event Predictions. Patients A and C died 1 and
4 years from entry into the study, whereas Patients B and D exited the study without
experiencing death (were lost to follow-up) at 2 and 3 years from entry into the study.
Time-to-event and survival regression thus involve estimates that are adjusted for
individuals whose outcomes were censored.
Source: Adapted from [43]
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Figure A.2: Non-Proportional Hazards. When the proportional hazards assumptions
are satisfied, the survival curves and their corresponding hazard rates dominate each
other and do not intersect. In many real-world scenarios, however, the survival
curves do. Models such as Deep Survival Machines include flexible estimators of
times-to-events in the presence of non-proportional hazards.
Source: Adapted from [43]

A.2 Additional Details on Proportional Hazards

Model

Cox proportional hazards (CPH) makes the proportional hazards assumption that the

ratio between two hazards is constant over time [12]. The hazard λ(t) as a function

of some time t is defined as the probability that given that a patient survives t, the

patient will not survive t+ δ, and δ approaches 0 (Equation (A.1)).
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λ(t) = lim
δ→0

P (t+ δ > T ≥ t|T ≥ t)

δ
(A.1)

CPH models the hazard as Equation (A.2), given covariates xij, i ∈ {1, . . . , n}, j ∈
{1, . . . , p}, where p is the number of predictors, and n is the number of patients. The

parameters of the model are βj. λ0(t) is known as the baseline hazard function.

λi(t) = λ0(t) exp(β1xi1 + . . .+ βpxip) (A.2)

The proportional hazards assumption comes from the fact that the proportion of

two hazard functions is fixed, since λi(t)
λj(t)

= exp(β1(xi1 − xj1) + . . .+ βp(xip − xjp)).

We estimated that β = {β1, . . . , βp} are the ones that maximize the partial likeli-

hood

(Equation (A.3)), where i : Ei = 1 are patients whose outcomes are not censored, and

R(Ti) is the set of patients who have not experienced the event at time Ti.

L(β) =
∏

i:Ei=1

exp(β1xi1 + . . .+ βpxip)∑
j∈R(Ti)

exp(β1xj1 + . . .+ βpxjp)
(A.3)

DeepSurv [30] is a deep neural network implementation of CPH. It estimates the

risk function ĥθ(x) of an individual with covariates x, parametrized by the weights θ

of a multi-layer perceptron. The loss function is the negative log partial likelihood

(Equation (A.4)).

LDCPH(θ) = −
∑

i:Ei=1


ĥθ(xi)− log

∑

j∈R(Ti)

eĥθ(xj)


 (A.4)

A.3 Additional Details on Deep Survival

Machines

In this section, we describe Deep Survival Machines, which models the time-to-event

distribution. The DSM model involves modeling the time-to-event distribution as a

fixed-size mixture of K parametric survival distributions. This allows the model to

generalize to situations where the survival curves intersect (a clear violation of the
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proportional hazards assumption.). The final time-to-event outcome is determined by

averaging over the latent Z = k. We provide DSM in plate notation in Figure A.3.
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<latexit sha1_base64="ysfhWwfKO0WPzIp4Er73FM2Jd4U=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgxpVUsA9oSplMb9qhk0mYmYgl9DfcuFDErT/jzr9x0mahrQcGDufcyz1zgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUSleSwfzDTBfkRHkoecUWMl34+oGQdh9jQb8EG15tbdOcgq8QpSgwLNQfXLH8YsjVAaJqjWPc9NTD+jynAmcFbxU40JZRM6wp6lkkao+9k884ycWWVIwljZJw2Zq783MhppPY0CO5ln1MteLv7n9VITXvczLpPUoGSLQ2EqiIlJXgAZcoXMiKkllClusxI2pooyY2uq2BK85S+vkvZF3XPr3v1lrXFX1FGGEziFc/DgChpwC01oAYMEnuEV3pzUeXHenY/FaMkpdo7hD5zPH4LckgQ=</latexit><latexit sha1_base64="ysfhWwfKO0WPzIp4Er73FM2Jd4U=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgxpVUsA9oSplMb9qhk0mYmYgl9DfcuFDErT/jzr9x0mahrQcGDufcyz1zgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUSleSwfzDTBfkRHkoecUWMl34+oGQdh9jQb8EG15tbdOcgq8QpSgwLNQfXLH8YsjVAaJqjWPc9NTD+jynAmcFbxU40JZRM6wp6lkkao+9k884ycWWVIwljZJw2Zq783MhppPY0CO5ln1MteLv7n9VITXvczLpPUoGSLQ2EqiIlJXgAZcoXMiKkllClusxI2pooyY2uq2BK85S+vkvZF3XPr3v1lrXFX1FGGEziFc/DgChpwC01oAYMEnuEV3pzUeXHenY/FaMkpdo7hD5zPH4LckgQ=</latexit><latexit sha1_base64="ysfhWwfKO0WPzIp4Er73FM2Jd4U=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgxpVUsA9oSplMb9qhk0mYmYgl9DfcuFDErT/jzr9x0mahrQcGDufcyz1zgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUSleSwfzDTBfkRHkoecUWMl34+oGQdh9jQb8EG15tbdOcgq8QpSgwLNQfXLH8YsjVAaJqjWPc9NTD+jynAmcFbxU40JZRM6wp6lkkao+9k884ycWWVIwljZJw2Zq783MhppPY0CO5ln1MteLv7n9VITXvczLpPUoGSLQ2EqiIlJXgAZcoXMiKkllClusxI2pooyY2uq2BK85S+vkvZF3XPr3v1lrXFX1FGGEziFc/DgChpwC01oAYMEnuEV3pzUeXHenY/FaMkpdo7hD5zPH4LckgQ=</latexit><latexit sha1_base64="ysfhWwfKO0WPzIp4Er73FM2Jd4U=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgxpVUsA9oSplMb9qhk0mYmYgl9DfcuFDErT/jzr9x0mahrQcGDufcyz1zgkRwbVz32ymtrW9sbpW3Kzu7e/sH1cOjto5TxbDFYhGrbkA1Ci6xZbgR2E0U0igQ2AkmN7nfeUSleSwfzDTBfkRHkoecUWMl34+oGQdh9jQb8EG15tbdOcgq8QpSgwLNQfXLH8YsjVAaJqjWPc9NTD+jynAmcFbxU40JZRM6wp6lkkao+9k884ycWWVIwljZJw2Zq783MhppPY0CO5ln1MteLv7n9VITXvczLpPUoGSLQ2EqiIlJXgAZcoXMiKkllClusxI2pooyY2uq2BK85S+vkvZF3XPr3v1lrXFX1FGGEziFc/DgChpwC01oAYMEnuEV3pzUeXHenY/FaMkpdo7hD5zPH4LckgQ=</latexit>

✓
<latexit sha1_base64="g8JllDx9NGklRCXGmK2tw8B0LqQ=">AAAB+HicbVDLSsNAFL3xWeujUZduBovgqiQi6LLgxpVUsA9oQplMJ+3QyYOZG6GGfokbF4q49VPc+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/6BmHx51dJIpxtsskYnqBVRzKWLeRoGS91LFaRRI3g0mN4XffeRKiyR+wGnK/YiOYhEKRtFIA7vmRRTHQZh7OOZIZwO77jScOcgqcUtShxKtgf3lDROWRTxGJqnWfddJ0c+pQsEkn1W9TPOUsgkd8b6hMY249vN58Bk5M8qQhIkyL0YyV39v5DTSehoFZrKIqZe9QvzP62cYXvu5iNMMecwWh8JMEkxI0QIZCsUZyqkhlClhshI2pooyNF1VTQnu8pdXSeei4ToN9/6y3rwr66jACZzCObhwBU24hRa0gUEGz/AKb9aT9WK9Wx+L0TWr3DmGP7A+fwBJGJOF</latexit><latexit sha1_base64="g8JllDx9NGklRCXGmK2tw8B0LqQ=">AAAB+HicbVDLSsNAFL3xWeujUZduBovgqiQi6LLgxpVUsA9oQplMJ+3QyYOZG6GGfokbF4q49VPc+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/6BmHx51dJIpxtsskYnqBVRzKWLeRoGS91LFaRRI3g0mN4XffeRKiyR+wGnK/YiOYhEKRtFIA7vmRRTHQZh7OOZIZwO77jScOcgqcUtShxKtgf3lDROWRTxGJqnWfddJ0c+pQsEkn1W9TPOUsgkd8b6hMY249vN58Bk5M8qQhIkyL0YyV39v5DTSehoFZrKIqZe9QvzP62cYXvu5iNMMecwWh8JMEkxI0QIZCsUZyqkhlClhshI2pooyNF1VTQnu8pdXSeei4ToN9/6y3rwr66jACZzCObhwBU24hRa0gUEGz/AKb9aT9WK9Wx+L0TWr3DmGP7A+fwBJGJOF</latexit><latexit sha1_base64="g8JllDx9NGklRCXGmK2tw8B0LqQ=">AAAB+HicbVDLSsNAFL3xWeujUZduBovgqiQi6LLgxpVUsA9oQplMJ+3QyYOZG6GGfokbF4q49VPc+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/6BmHx51dJIpxtsskYnqBVRzKWLeRoGS91LFaRRI3g0mN4XffeRKiyR+wGnK/YiOYhEKRtFIA7vmRRTHQZh7OOZIZwO77jScOcgqcUtShxKtgf3lDROWRTxGJqnWfddJ0c+pQsEkn1W9TPOUsgkd8b6hMY249vN58Bk5M8qQhIkyL0YyV39v5DTSehoFZrKIqZe9QvzP62cYXvu5iNMMecwWh8JMEkxI0QIZCsUZyqkhlClhshI2pooyNF1VTQnu8pdXSeei4ToN9/6y3rwr66jACZzCObhwBU24hRa0gUEGz/AKb9aT9WK9Wx+L0TWr3DmGP7A+fwBJGJOF</latexit><latexit sha1_base64="g8JllDx9NGklRCXGmK2tw8B0LqQ=">AAAB+HicbVDLSsNAFL3xWeujUZduBovgqiQi6LLgxpVUsA9oQplMJ+3QyYOZG6GGfokbF4q49VPc+TdO2iy09cDA4Zx7uWdOkEqh0XG+rbX1jc2t7cpOdXdv/6BmHx51dJIpxtsskYnqBVRzKWLeRoGS91LFaRRI3g0mN4XffeRKiyR+wGnK/YiOYhEKRtFIA7vmRRTHQZh7OOZIZwO77jScOcgqcUtShxKtgf3lDROWRTxGJqnWfddJ0c+pQsEkn1W9TPOUsgkd8b6hMY249vN58Bk5M8qQhIkyL0YyV39v5DTSehoFZrKIqZe9QvzP62cYXvu5iNMMecwWh8JMEkxI0QIZCsUZyqkhlClhshI2pooyNF1VTQnu8pdXSeei4ToN9/6y3rwr66jACZzCObhwBU24hRa0gUEGz/AKb9aT9WK9Wx+L0TWr3DmGP7A+fwBJGJOF</latexit>

w
<latexit sha1_base64="twnktY7SevXuMwed3KU+bcDLkD8=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxkoimA9IjrC32UvW7O4du3tKOOJvsNXaTmz9L5b+E/eSK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+PrzG8/UqVZJO/NJKa+wEPJQkawsVKrF4j0adovV9yqOwNaJV5OKpCj0S//9AYRSQSVhnCsdddzY+OnWBlGOJ2WeommMSZjPKRdSyUWVPvp7NopOrPKAIWRsiUNmql/J1IstJ6IwHYKbEZ62cvE/7xuYsIrP2UyTgyVZL4oTDgyEcpeRwOmKDF8YgkmitlbERlhhYmxAS1sCUSWibecwCppXVQ9t+rdXVbqt3k6RTiBUzgHD2pQhxtoQBMIPMALvMKb8+y8Ox/O57y14OQzx7AA5+sXqYKV8g==</latexit><latexit sha1_base64="twnktY7SevXuMwed3KU+bcDLkD8=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxkoimA9IjrC32UvW7O4du3tKOOJvsNXaTmz9L5b+E/eSK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+PrzG8/UqVZJO/NJKa+wEPJQkawsVKrF4j0adovV9yqOwNaJV5OKpCj0S//9AYRSQSVhnCsdddzY+OnWBlGOJ2WeommMSZjPKRdSyUWVPvp7NopOrPKAIWRsiUNmql/J1IstJ6IwHYKbEZ62cvE/7xuYsIrP2UyTgyVZL4oTDgyEcpeRwOmKDF8YgkmitlbERlhhYmxAS1sCUSWibecwCppXVQ9t+rdXVbqt3k6RTiBUzgHD2pQhxtoQBMIPMALvMKb8+y8Ox/O57y14OQzx7AA5+sXqYKV8g==</latexit><latexit sha1_base64="twnktY7SevXuMwed3KU+bcDLkD8=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxkoimA9IjrC32UvW7O4du3tKOOJvsNXaTmz9L5b+E/eSK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+PrzG8/UqVZJO/NJKa+wEPJQkawsVKrF4j0adovV9yqOwNaJV5OKpCj0S//9AYRSQSVhnCsdddzY+OnWBlGOJ2WeommMSZjPKRdSyUWVPvp7NopOrPKAIWRsiUNmql/J1IstJ6IwHYKbEZ62cvE/7xuYsIrP2UyTgyVZL4oTDgyEcpeRwOmKDF8YgkmitlbERlhhYmxAS1sCUSWibecwCppXVQ9t+rdXVbqt3k6RTiBUzgHD2pQhxtoQBMIPMALvMKb8+y8Ox/O57y14OQzx7AA5+sXqYKV8g==</latexit><latexit sha1_base64="twnktY7SevXuMwed3KU+bcDLkD8=">AAAB/HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxkoimA9IjrC32UvW7O4du3tKOOJvsNXaTmz9L5b+E/eSK0zig4HHezPMzAtizrRx3W+nsLa+sblV3C7t7O7tH5QPj1o6ShShTRLxSHUCrClnkjYNM5x2YkWxCDhtB+PrzG8/UqVZJO/NJKa+wEPJQkawsVKrF4j0adovV9yqOwNaJV5OKpCj0S//9AYRSQSVhnCsdddzY+OnWBlGOJ2WeommMSZjPKRdSyUWVPvp7NopOrPKAIWRsiUNmql/J1IstJ6IwHYKbEZ62cvE/7xuYsIrP2UyTgyVZL4oTDgyEcpeRwOmKDF8YgkmitlbERlhhYmxAS1sCUSWibecwCppXVQ9t+rdXVbqt3k6RTiBUzgHD2pQhxtoQBMIPMALvMKb8+y8Ox/O57y14OQzx7AA5+sXqYKV8g==</latexit>

�
k

<latexit sha1_base64="Ur2xxf2yj/3BCBwzcKfzz6D6aiI=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+cDkOPY2c8mS3b1jd08IRxp/g63WdmLrP7H0n7iXXGESHww83pthZl6YcKaN6347pY3Nre2d8m5lb//g8Kh6fNLRcaootGnMY9ULiQbOJLQNMxx6iQIiQg7dcHKX+90nUJrF8sFME/AFGUkWMUqMlR4HIRgSZMFkFlRrbt2dA68TryA1VKAVVH8Gw5imAqShnGjd99zE+BlRhlEOs8og1ZAQOiEj6FsqiQDtZ/OLZ/jCKkMcxcqWNHiu/p3IiNB6KkLbKYgZ61UvF//z+qmJbv2MySQ1IOliUZRybGKcv4+HTAE1fGoJoYrZWzEdE0WosSEtbQlFnom3msA66VzVPbfu3V/XGs0inTI6Q+foEnnoBjVQE7VQG1Ek0Qt6RW/Os/PufDifi9aSU8ycoiU4X7+iiJeT</latexit><latexit sha1_base64="Ur2xxf2yj/3BCBwzcKfzz6D6aiI=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+cDkOPY2c8mS3b1jd08IRxp/g63WdmLrP7H0n7iXXGESHww83pthZl6YcKaN6347pY3Nre2d8m5lb//g8Kh6fNLRcaootGnMY9ULiQbOJLQNMxx6iQIiQg7dcHKX+90nUJrF8sFME/AFGUkWMUqMlR4HIRgSZMFkFlRrbt2dA68TryA1VKAVVH8Gw5imAqShnGjd99zE+BlRhlEOs8og1ZAQOiEj6FsqiQDtZ/OLZ/jCKkMcxcqWNHiu/p3IiNB6KkLbKYgZ61UvF//z+qmJbv2MySQ1IOliUZRybGKcv4+HTAE1fGoJoYrZWzEdE0WosSEtbQlFnom3msA66VzVPbfu3V/XGs0inTI6Q+foEnnoBjVQE7VQG1Ek0Qt6RW/Os/PufDifi9aSU8ycoiU4X7+iiJeT</latexit><latexit sha1_base64="Ur2xxf2yj/3BCBwzcKfzz6D6aiI=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+cDkOPY2c8mS3b1jd08IRxp/g63WdmLrP7H0n7iXXGESHww83pthZl6YcKaN6347pY3Nre2d8m5lb//g8Kh6fNLRcaootGnMY9ULiQbOJLQNMxx6iQIiQg7dcHKX+90nUJrF8sFME/AFGUkWMUqMlR4HIRgSZMFkFlRrbt2dA68TryA1VKAVVH8Gw5imAqShnGjd99zE+BlRhlEOs8og1ZAQOiEj6FsqiQDtZ/OLZ/jCKkMcxcqWNHiu/p3IiNB6KkLbKYgZ61UvF//z+qmJbv2MySQ1IOliUZRybGKcv4+HTAE1fGoJoYrZWzEdE0WosSEtbQlFnom3msA66VzVPbfu3V/XGs0inTI6Q+foEnnoBjVQE7VQG1Ek0Qt6RW/Os/PufDifi9aSU8ycoiU4X7+iiJeT</latexit><latexit sha1_base64="Ur2xxf2yj/3BCBwzcKfzz6D6aiI=">AAACAHicbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+cDkOPY2c8mS3b1jd08IRxp/g63WdmLrP7H0n7iXXGESHww83pthZl6YcKaN6347pY3Nre2d8m5lb//g8Kh6fNLRcaootGnMY9ULiQbOJLQNMxx6iQIiQg7dcHKX+90nUJrF8sFME/AFGUkWMUqMlR4HIRgSZMFkFlRrbt2dA68TryA1VKAVVH8Gw5imAqShnGjd99zE+BlRhlEOs8og1ZAQOiEj6FsqiQDtZ/OLZ/jCKkMcxcqWNHiu/p3IiNB6KkLbKYgZ61UvF//z+qmJbv2MySQ1IOliUZRybGKcv4+HTAE1fGoJoYrZWzEdE0WosSEtbQlFnom3msA66VzVPbfu3V/XGs0inTI6Q+foEnnoBjVQE7VQG1Ek0Qt6RW/Os/PufDifi9aSU8ycoiU4X7+iiJeT</latexit>

⌘
k<latexit sha1_base64="IqlFEegncdvcPt6c/B3tlRxqk0Y=">AAAB/3icbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+ZDkOPY2e8mS3b1jd04IRwp/g63WdmLrT7H0n7iXXGESHww83pthZl6YCG7Adb+d0sbm1vZOebeyt39weFQ9PumYONWUtWksYt0LiWGCK9YGDoL1Es2IDAXrhpO73O8+MW14rB5gmjBfkpHiEacErPQ4YECCLJjMgmrNrbtz4HXiFaSGCrSC6s9gGNNUMgVUEGP6npuAnxENnAo2qwxSwxJCJ2TE+pYqIpnxs/nBM3xhlSGOYm1LAZ6rfycyIo2ZytB2SgJjs+rl4n9eP4Xo1s+4SlJgii4WRanAEOP8ezzkmlEQU0sI1dzeiumYaELBZrS0JZR5Jt5qAuukc1X33Lp3f11rNIt0yugMnaNL5KEb1EBN1EJtRJFEL+gVvTnPzrvz4XwuWktOMXOKluB8/QLfxJcn</latexit><latexit sha1_base64="IqlFEegncdvcPt6c/B3tlRxqk0Y=">AAAB/3icbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+ZDkOPY2e8mS3b1jd04IRwp/g63WdmLrT7H0n7iXXGESHww83pthZl6YCG7Adb+d0sbm1vZOebeyt39weFQ9PumYONWUtWksYt0LiWGCK9YGDoL1Es2IDAXrhpO73O8+MW14rB5gmjBfkpHiEacErPQ4YECCLJjMgmrNrbtz4HXiFaSGCrSC6s9gGNNUMgVUEGP6npuAnxENnAo2qwxSwxJCJ2TE+pYqIpnxs/nBM3xhlSGOYm1LAZ6rfycyIo2ZytB2SgJjs+rl4n9eP4Xo1s+4SlJgii4WRanAEOP8ezzkmlEQU0sI1dzeiumYaELBZrS0JZR5Jt5qAuukc1X33Lp3f11rNIt0yugMnaNL5KEb1EBN1EJtRJFEL+gVvTnPzrvz4XwuWktOMXOKluB8/QLfxJcn</latexit><latexit sha1_base64="IqlFEegncdvcPt6c/B3tlRxqk0Y=">AAAB/3icbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+ZDkOPY2e8mS3b1jd04IRwp/g63WdmLrT7H0n7iXXGESHww83pthZl6YCG7Adb+d0sbm1vZOebeyt39weFQ9PumYONWUtWksYt0LiWGCK9YGDoL1Es2IDAXrhpO73O8+MW14rB5gmjBfkpHiEacErPQ4YECCLJjMgmrNrbtz4HXiFaSGCrSC6s9gGNNUMgVUEGP6npuAnxENnAo2qwxSwxJCJ2TE+pYqIpnxs/nBM3xhlSGOYm1LAZ6rfycyIo2ZytB2SgJjs+rl4n9eP4Xo1s+4SlJgii4WRanAEOP8ezzkmlEQU0sI1dzeiumYaELBZrS0JZR5Jt5qAuukc1X33Lp3f11rNIt0yugMnaNL5KEb1EBN1EJtRJFEL+gVvTnPzrvz4XwuWktOMXOKluB8/QLfxJcn</latexit><latexit sha1_base64="IqlFEegncdvcPt6c/B3tlRxqk0Y=">AAAB/3icbVA9SwNBEN2LXzF+RS1tFoNgFe5E0DJgkzKC+ZDkOPY2e8mS3b1jd04IRwp/g63WdmLrT7H0n7iXXGESHww83pthZl6YCG7Adb+d0sbm1vZOebeyt39weFQ9PumYONWUtWksYt0LiWGCK9YGDoL1Es2IDAXrhpO73O8+MW14rB5gmjBfkpHiEacErPQ4YECCLJjMgmrNrbtz4HXiFaSGCrSC6s9gGNNUMgVUEGP6npuAnxENnAo2qwxSwxJCJ2TE+pYqIpnxs/nBM3xhlSGOYm1LAZ6rfycyIo2ZytB2SgJjs+rl4n9eP4Xo1s+4SlJgii4WRanAEOP8ezzkmlEQU0sI1dzeiumYaELBZrS0JZR5Jt5qAuukc1X33Lp3f11rNIt0yugMnaNL5KEb1EBN1EJtRJFEL+gVvTnPzrvz4XwuWktOMXOKluB8/QLfxJcn</latexit>

⌘̃
k

<latexit sha1_base64="nzLHn4uzinpSmB93tVAMOLtwWGc=">AAACCXicbVDLSsNAFJ3UV62vVJduBovgqiQi6LLgpssKfUEbwmRy0w6dTMLMRCkhX+A3uNW1O3HrV7j0T0zaLGzrgQuHc+7lXI4Xc6a0ZX0bla3tnd296n7t4PDo+MSsn/ZVlEgKPRrxSA49ooAzAT3NNIdhLIGEHoeBN7sv/MEjSMUi0dXzGJyQTAQLGCU6l1yzPu4y7kM6Bk0yN3VnmWs2rKa1AN4kdkkaqETHNX/GfkSTEISmnCg1sq1YOymRmlEOWW2cKIgJnZEJjHIqSAjKSRevZ/gyV3wcRDIfofFC/XuRklCpeejlmyHRU7XuFeJ/3ijRwZ2TMhEnGgRdBgUJxzrCRQ/YZxKo5vOcECpZ/iumUyIJ1XlbKyleWHRirzewSfrXTdtq2g83jVa7bKeKztEFukI2ukUt1EYd1EMUPaEX9IrejGfj3fgwPperFaO8OUMrML5+AdE1mu4=</latexit><latexit sha1_base64="nzLHn4uzinpSmB93tVAMOLtwWGc=">AAACCXicbVDLSsNAFJ3UV62vVJduBovgqiQi6LLgpssKfUEbwmRy0w6dTMLMRCkhX+A3uNW1O3HrV7j0T0zaLGzrgQuHc+7lXI4Xc6a0ZX0bla3tnd296n7t4PDo+MSsn/ZVlEgKPRrxSA49ooAzAT3NNIdhLIGEHoeBN7sv/MEjSMUi0dXzGJyQTAQLGCU6l1yzPu4y7kM6Bk0yN3VnmWs2rKa1AN4kdkkaqETHNX/GfkSTEISmnCg1sq1YOymRmlEOWW2cKIgJnZEJjHIqSAjKSRevZ/gyV3wcRDIfofFC/XuRklCpeejlmyHRU7XuFeJ/3ijRwZ2TMhEnGgRdBgUJxzrCRQ/YZxKo5vOcECpZ/iumUyIJ1XlbKyleWHRirzewSfrXTdtq2g83jVa7bKeKztEFukI2ukUt1EYd1EMUPaEX9IrejGfj3fgwPperFaO8OUMrML5+AdE1mu4=</latexit><latexit sha1_base64="nzLHn4uzinpSmB93tVAMOLtwWGc=">AAACCXicbVDLSsNAFJ3UV62vVJduBovgqiQi6LLgpssKfUEbwmRy0w6dTMLMRCkhX+A3uNW1O3HrV7j0T0zaLGzrgQuHc+7lXI4Xc6a0ZX0bla3tnd296n7t4PDo+MSsn/ZVlEgKPRrxSA49ooAzAT3NNIdhLIGEHoeBN7sv/MEjSMUi0dXzGJyQTAQLGCU6l1yzPu4y7kM6Bk0yN3VnmWs2rKa1AN4kdkkaqETHNX/GfkSTEISmnCg1sq1YOymRmlEOWW2cKIgJnZEJjHIqSAjKSRevZ/gyV3wcRDIfofFC/XuRklCpeejlmyHRU7XuFeJ/3ijRwZ2TMhEnGgRdBgUJxzrCRQ/YZxKo5vOcECpZ/iumUyIJ1XlbKyleWHRirzewSfrXTdtq2g83jVa7bKeKztEFukI2ukUt1EYd1EMUPaEX9IrejGfj3fgwPperFaO8OUMrML5+AdE1mu4=</latexit><latexit sha1_base64="nzLHn4uzinpSmB93tVAMOLtwWGc=">AAACCXicbVDLSsNAFJ3UV62vVJduBovgqiQi6LLgpssKfUEbwmRy0w6dTMLMRCkhX+A3uNW1O3HrV7j0T0zaLGzrgQuHc+7lXI4Xc6a0ZX0bla3tnd296n7t4PDo+MSsn/ZVlEgKPRrxSA49ooAzAT3NNIdhLIGEHoeBN7sv/MEjSMUi0dXzGJyQTAQLGCU6l1yzPu4y7kM6Bk0yN3VnmWs2rKa1AN4kdkkaqETHNX/GfkSTEISmnCg1sq1YOymRmlEOWW2cKIgJnZEJjHIqSAjKSRevZ/gyV3wcRDIfofFC/XuRklCpeejlmyHRU7XuFeJ/3ijRwZ2TMhEnGgRdBgUJxzrCRQ/YZxKo5vOcECpZ/iumUyIJ1XlbKyleWHRirzewSfrXTdtq2g83jVa7bKeKztEFukI2ukUt1EYd1EMUPaEX9IrejGfj3fgwPperFaO8OUMrML5+AdE1mu4=</latexit>
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The Generative Story

1. xi ∼ D
We draw the covariates of the individual, xi.

2. w, ζ, ξ ∼ N (0, 1/λ)

The parameters of the model are drawn from

a zero mean Gaussian distribution.

3. zi ∼ Discrete
(
softmax(Φθ(xi)

⊤w)
)

Conditioned on the covariates, xi, and the

parameters, w, we draw the latent zi.

4. log β̃k ∼ N (β0, 1/λ), log η̃k ∼ N (η0, 1/λ)

The set of parameters {β̃k}Kk=1 and {η̃k}Kk=1

are drawn from the prior β0 and η0.

5. ti ∼ Distribution
(
βk, ηk)

where βk = β̃k + act(Φθ(xi)
⊤ζ)

ηk = η̃k + act(Φθ(xi)
⊤ξ)

Finally, the event time ti is drawn, condi-

tioned on βzi and ηzi .

Figure A.3: Deep Survival Machines in plate notation.
Source: Adapted from [40]

A.4 Censoring Adjusted Evaluation Metrics

Brier Score (BS): The Brier score involves computing the mean squared error of

the estimated survival probabilities, P̂(T > t|X = x) = f(x, t), at a specified time

horizon, t. As a proper scoring rule, the Brier score gives a sense of both discrimination

and calibration.

Under the assumption that the censoring distribution is independent of the

time-to-event, we can obtain an unbiased, censoring adjusted estimate of the Brier
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score B̂SIPCW(t) using the inverse probability of censoring weights (IPCW) from a

Kaplan–Meier estimator of the censoring distribution, Ĝ(.), as proposed in [19, 22].

BS(t) = ED
[(
1{Ti > t} − P̂(T > t|X = x)

)2]

B̂SIPCW(t) =
1

n

n∑

i=1

[
f(xi, t)

21{T ≤ t, δi = 1}
Ĝi(Ti)

+

(
1− f(xi, t))

21{T > t}
Ĝi(t)

]
.

Area under ROC Curve (AUC): ROC curves are extensively used in classification

tasks where the true positive rate (TPR) is plotted against the false positive rate

(1-true negative rate, or TNR) to measure the model’s discriminative power over all

output thresholds.

To enable the use of ROC curves to assess the performance of survival models

subject to censoring, we employed the technique proposed by [27, 55], which treats the

TPR as time-dependent on a specified horizon, t, and adjusts survival probabilities,

f(x, t), using the IPCW from a Kaplan–Meier estimator of the censoring distribution,

Ĝ(t). Estimating the TNR requires observing outcomes for each individual; only

uncensored instances are used. Refer to [29] for details on computing ROC curves in

the presence of censoring.

T̂PR(c, t) =

n∑
i=1

δi
Ĝ(Ti)

· 1{f(xi, t) > c, Ti ≤ t}
n∑

i=1

δi
Ĝ(Ti)

· 1{Ti < t}·
; T̂NR(c, t) =

n∑
i=1

1{f(xi, t) ≤ c, Ti > t}
n∑

i=1

1{Ti > t}

Time-Dependent Concordance Index ( Ctd): The concordance index compares risks

across all pairs of individuals within a fixed time horizon, t, to estimate the ability to

appropriately rank instances relative to each other in terms of their risks, f(x, t).

Ctd(t) = P
(
f(xi, t) ≤ f(xj, t)|δi = 1, Ti < Tj, Ti ≤ t

)

We employed the censoring adjusted estimator for Ctd, which exploits IPCW

estimates from a Kaplan–Meier estimate of the censoring distribution. Further details

can be found in [56] and [20].

Expected ℓ1 Calibration Error (ECE): The ECE measures the average absolute

difference between the observed and expected (according to the risk score) event
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rates, conditional on the estimated risk score. At time t, let the predicted risk score

be R(t) = P̂(T > t|X). Then, the ECE approximates

ECE(t) = E
[∣∣P(T > t|R(t))−R(t)

∣∣]

by partitioning the risk scores R into q quantiles {[rj, rj+1)}qj=1 and computing the

Kaplan–Meier estimate of the event rate. KMj(t) ≈ P(T > t|R ∈ [rj, rj+1)), and the

average risk score, Rj =
q
n

∑
i:Ri∈[rj ,rj+1)

Ri, in each bin. Altogether, the estimated

ECE is

ÊCE(t) =
1

q

q∑

j=1

|KMj(t)−Rj(t)|.

In practice, we fixed the number of quantiles to 20 for our experiments.

A.5 Implementation Details

All experiments were run on NVIDIA RTX A6000, with Python 3.9.12 and Py-

torch 1.11.0. Statistical analysis was performed with Python 3.9.12.

We performed a hyperparameter search by searching for the hyperparameters that

yielded the lowest validation Brier score.

For DCPH, DSM, and TBC models, layer sizes (the number of neurons in each

hidden layer of survival models) are searched from [( ) (no hidden layers), (64) (one

hidden layer with 64 neurons), (64, 64) (two hidden layers with 64 neurons each),

(128) (one hidden layer with 128 neurons), and (128, 128) (two hidden layers with 128

neurons each)]. For DSM models, in addition to layer sizes, the number of underlying

distributions k is searched from [2, 3, 4, 6], temperatures from [1, 100, 500, 1000],

and elbo from [True, False]. The configurations with the best validation performance

are presented in Table A.1.

Adam optimizer with a learning rate of 3 × 10−4 was used for all models. The

distribution for all DSM models was the Weibull distribution. The training batch

size was 64, and the validation batch size was 32. Models were trained for 10 epochs,

with a patience of 3.
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DSM DCPH

Layer Size k Temperature Elbo Layer Size

(128) 4 1 True (64, 64)

TBC, 2-Year TBC, 5-Year TBC, 10-Year

Layer Size

(64) (64, 64) (128)

Table A.1: Hyperparameter configurations that yielded the best validation perfor-
mance
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Appendix B

Machine Learning Identifies

Patients Who Derive Survival

Benefit from Coronary

Revascularization

B.1 Implementation Details

Models were trained using Python 3.9.12 and the auton-survival package available

through GitHub. Deep learning models were trained using a CPU. Model hyperpa-

rameters are the following.

1. Horizons: [1, 3, 5]

2. Number of underlying treatment effect phenotypes: [2]

3. Number of training epochs: 100

4. Learning rate: 0.01

5. Batch size: 256

6. Size of the validation split: 0.15

7. Patience: 3

8. Optimizer: Adam
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Revascularization

Hyperparameter selection is performed for the following:

1. Number of underlying base survival phenotypes: 1 or 2

2. Number of neurons in each hidden layer: [50, 50] or [50]

The best set of hyperparameters is the one that yielded the lowest integrated

Brier score. For mortality, (1, [50, 50]) was chosen, and for MACCE, (2, [50]) was

chosen.
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